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Homotopy type of neighborhood complexes of Kneser graphs
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A. Schrijver identified a family of vertex critical subgraphs of Kneser graphs called the stable Kneser

graphs SGy, ;. A. Bjérner and M. de Longueville proved that the neighborhood complex of the stable
Kneser graph SG,, i, is homotopy equivalent to a k-sphere. It is also known that the neighborhood complex
of KG,, ) is homotopy equivalent to the wedge sum of k-spheres. The main objective here is to give the
exact number for KGs j i.e. to show that the homotopy type of the neighborhood complex of KGj , is
a wedge sum of (k +4)(k + 1) 4+ 1 spheres of dimension k. Further we will construct a subgraph S, j of
K@ ;, whose neighborhood complex deformation retracts onto the neighborhood complex of SG5 .
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