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3a 2010 rog

1. MNMpepnoxeH HOBbLIM CNOCOO MCNONbL30BaHUA TeOpUU MoAdenen Ansi AoKasaTenbcTBa Teopembl [yaawm,
onucbiBaroLwen abCconoTHyO rpynny MNanya nonsa pauMoHanbHbIX PYHKLMA OT OQHOW NepeMeHHOMN Hag an-

re6paw1eCKM 3aMKHYTbIM MNoJieM XapaKTepucTtmku 0.
(dupexrop, akagemuk FO.JI.EpiioB)

MpennoxeH HOBbIN cnocob nepeHoca Teopembl [lyaan o Tom, 4To abcontoTHaa rpynna anya nons F(x) pauno-
HanbHbIX PYHKLWA OT OOHON NepeMeHHON Hapg anrebpavyeckn 3aMkHyTbiM nonem F xapaktepuctukm 0 asnseTcs
cBOBOAHON NPOKOHEYHOW rpynnow co cnydasd F=C (none KOMMEKCHbIX YMCen) Ha NMpou3BOSibHbIA. JTOT cnocob
ucnonb3dyeT CpeacTsa Teopun mogenen, gpyrne cnocobbl nepeHoca C UCMONb30BaHWEM TEopuyM MoAenu 6binu
npeanoxeHol BaH geH Opucom n PnbeHbommom.

Epuwos FO.JI. O oamosnsix konbIfa aneseit // Anre6pa u moruka, 2010, 1.49, Ne 6.

2. OnucaHbl npocTbie cynepanreopbl JlM, BO3HMKaKOLWME M3 YHUTaANbHbLIX MNPOCTbIX KOHEYHOMEPHbIX
CTPYKTYypU3yeMbIX cynepanrebp xapaktepuctuku 0, U KnaccuduuupoBaHbl NPOCTbie KOHEYHOMEpHble

CTPYKTypu3yemMmbie cynepanre6pbl Hag anrebpanvyeckm 3aMKHYTbIM Nonem xapakrepucTtuku 0.
(C.u.c., k.0.-m.1. AJLIToxuzaaes, B.H.C., 1.¢.-M.H. W.ILIIecTakoB)

B.AnnucoH B 1978r. onpegenun Knacc HeaccoumaTuBHbIX anrebp, cogepxallumii Knacc nopaaHoBbix anredp u go-
NyCKatoLLNA KOHCTPYKLMIO CTPYKTYPHOM anrebpbl n KOHCTPyKUmMio Tutca-Kéxepa-KaHTopa (KOoHCTpyKumnsa AnnucoHa).
Anrebpbl U3 3TOro Knacca, HasbiBaeMble CTPYKTYPU3yeMbIMU, SBNAIOTCA YHUTaNbHbIMK anrebpamu ¢ MHBOMNOLUEN.
OTOT Knacc BKMNOYaEeT anbTepHaTMBHbIE anrebpbl C MHBOMOUKNEN, NOpAaHOBbLI anredpbl (C TOXAECTBEHHOW MHBO-
noumen), TeH30pHOE MpousBeAeHe ABYX KOMMO3MUUOHHbIX anrebp, 56-mepHbin Mmogynb ®PperigeHTans ans an-
rebpbl JIn E; ¢ ectectBeHHbIM BHapHbLIM MpousBeaeHemM, N anrebpbl, CTpoALMeC U3 3PMUTOBBLIX hOPM CMOCO-
OoM, KOTOpbI SIBNSAETCA HEKOTOpbIM 0006LleHMEeM OObIMHOW KOHCTPYKUMM MOpOAHOBbIX anredp kBagpaTUYHbIX
dopm.

OpHako, ewé B 1972 r. .KaHtop 0606wun TKK-kOHCTpyKUMIO, pacnpocTpaHMB €€ Ha Gonee WMPOKUIA Knacc an-
rebp, KoTopble OH Ha3Ban KoHcepBaTuBHbIMKU. W.KaHTOp knaccnduumpoBan KOHEYHOMEPHbIE NMPOCThLIE KOHCEepBa-
TMBHble anredpbl BTOPOro nopsiaka Hag anrebpavyecku 3amkHyTbiM nonem xapakrepuctukm 0. CyulectByeT B3a-
WMHO OOHO3Ha4yHOE COOTBETCTBME MEXAY KNacCOM KOHCepBaTMBHbLIX anrebp BTOPOro nopsgka ¢ neson eguHuLen
W KNaccom CTpykTypusyembix anrebp. Anrebpsl Jln, nonyyaemble U3 LeHTparnbHbIX NPOCTbIX CTPYKTYpU3yeMbIX ar-
rebp npu nNoMoLmM KOHCTPyKUMn AnnucoHa-KaHTopa, cogepXaTt Bce KOHEYHOMEpPHbIE LieHTparnbHble NpocTble an-
rebpbl JIn Hag nonemM xapakTepPUCTUKM HOIb, UMELLNE HEHYNEBON ad-HUMNBbNOTEHTHLIN 3N1EMEHT.

LleHTpanbHble MpoOCTble KOHEYHOMEpPHbIE CTPYKTypu3yemble anrebpbl Hag NOSfieM XapaKTEPUCTUKM HOMb Obinu
knaccuduymnpoBaHbl b.AnnmcoHom. Knaccndpukauusa npocTbiX KOHEYHOMEPHbLIX CTPYKTYpu3yemblx anrebp Hag no-
nieM HeHyneBoOW xapakTepucTukm 6bina nonyveHa O.H.CMnpHOBLIM

A.N.MoxngaesbiM 1 W.IN.LLUecTakoBbIM NOCTPOEHbI YETbIpe CEPUN YHUTaNbHbLIX NPOCTbIX CTPYKTYPU3YyeMbIX cynep-
anrebp kapTaHOBCKOro Tvna, onucaHbl NpocTble cynepanredpbl 11, BO3HMKaOWMNE N3 YHUTANBbHBIX NPOCTbLIX CTPYK-
Typu3yembix cynepanrebp xapakrepuctuku 0, n knaccnuduumpoBaHbl NPOCTblE KOHEYHOMEPHBIE CTPYKTYpU3yemble
cynepanredpbl Hag anrebpanyeckn 3amMmKHYTbIM Nofnem xapakrepmctuku 0.

A.Il.IToxcuoaes, H.I1.11lecmaros, CTpyKTypHU3yeMble cymepanreopsl kapranosckoro tuna, JAH 432, 2, (2010) 167-173.
A.P.Pozhidaev, I.P.Shestakov, Structurable superalgebras of Cartan type, J. of Alg. 323, 12 (2010) 3230-3251.

3. PeweH Bonpoc 0 3aBUCMMOCTU aBTOYCTOMYMBOCTU OTHOCUTEJIbHO CUJbHbIX KOHCTPYKTMBM3auun Ans
MOYTU NPOCTbIX MoAeNeNn paspelMMbIX TEOPUM B Kraccax ManbiX, 3peH(ONXTOBbIX U HECYETHO KaTero-

PUYHbIX TEOPUMA.
(3aB.1ab., ui.-k. PAH C.C.I'on4apoB)

1. [lokasaHo, 4To nofHas Teopusi, B KOTOPOW NpocTas MogeNb CUMbHO KOHCTPYKTMBMU3UPYEMA U HEABTOYCTONYMBA
OTHOCUTEITbHO CUJIbHbIX KOHCprKTI/IBI/ISaLI.I/IVI, a HeKkoTopasda mMoaesb 3TOMN Teopumn aBTOyCTOI7I'~WIBa OTHOCUTEINbHO
CUMbHbIX KOHCTPYKTMBU3ALUA, HE W-CTabunbHa.

2. [JokasaHo, YTO CcyLleCcTBYeT paspelunmas apeHdOoNXToBa Teopusl, NpocTad MoAernb KOTOPOW aBToOyCcTon4mMBa OT-
HOCUTEITbHO CUIbHbIX KOHCprKTI/IBI/I3aLI.I/II7I n gaxe aBTOyCTOVNI/IBa, HO HEKOTopaa Mopelb 3TON Teopun npocTtaa B
KOHEeYHOM oboralleHnun KOHCTaHTaMu CUIIbHO KOHCTPYKTUBM3UPYyeMa, HO He aBTOYCTOMWYMBaA.

3. MNocTpoeH npyMep MOSTHOWM paspellMOn TEOPUM CO CHETHLIM YUCITOM CHETHBLIX MOZEnNeN, NpocTast Mogerb Ko-
TOPOW CUIbHO KOHCTPYKTUBU3MPYEMA U HEABTOYCTOMYMBA OTHOCUTENBHO CUIbHBIX KOHCTPYKTUBU3ALMIA, HO CyLle-



CTBYeT npocTas MoJerb B KOHEYHOM OGoralleHU KOHCTaHTaMm, KoTopasi CUMbHO KOHCTPYKTMBU3Mpyema U aBTo-
YCTOMYMBA OTHOCUTENBHO CUITbHBLIX KOHCTPYKTUBU3ALINIA.

4. Moka3aHo, YTO CYLLECTBYET paspeLumMasi HECYETHO KaTeropMyHas Teopusl Takasl, YTO BCE ee CYETHble MoAenu
CUJIbHO KOHCTPYKTUBU3MPYEMbl 1 HEABTOYCTONYMBLI OTHOCUTENBHO CUTbHbIX KOHCTPYKTUBU3ALMIA, HO CyLlecTByeT
HEeCYeTHO KaTeropuyHasi Teopusi, y KOTOpPOK NpocTasi MoZderb aBTOYCTONYMBA OTHOCUTESNTIBHO CUSbHBIX KOHCTPYKTW-
BM3aLVI, a BCe OCTarnbHble HEaBTOYCTONYMBbI OTHOCUTENBHO CUMbHBIX KOHCTPYKTMBU3aLNIA.

Tonuapog C.C., O6 aBTOYCTOHYMBOCTH OTHOCUTEIHHO CHIIBHBIX KOHCTPYKTUBH3ALMHA MOYTH NPOCTHIX Moxeneit / YMH, 2010,
T.65, N5(395), 105-140.

Tonuapog C.C., ABTOyCTOWYMBOCTB MPOCTHIX MOJICJIEH OTHOCHTENBFHO CHIBHBIX KOHCTPYKTHUBHU3anuii / Anredpa u joruka, 48,
6, 2009, 729-740.

4. Tlony4yeHo anre6panyeckoe onucaHMe aBTOYCTOMUYMBLIX OyneBbiX anre6p ¢ BbigeneHHbIMU naeanamm
M MHOXeCTBaMu aTOMOB MO naeanam.

(B.u.c., 1.¢0.-m.H. [1.E.Anaes)

HanpeHo anrebpanyeckoe onucaHne aBTOyCTOMYMBLIX OyneBbix anrebp, B A3blK KOTOPbIX A0OABNEHO KOHEYHoe
KOMMYeCTBO MPOM3BOSbHbLIX MAEANoB, a Takke MHOXeCTBa aTOMOB MO HEKOTOPbIM M3 3TUX maeanos. [na kaxaon
napbl ymucen (n,m), rae N — YUCNO BbIAENEHHbIX AearnoB, a M — YACNO MAeanoB, AN KOTOPbIX B A3blK 00aBneHo
MHOXXECTBO aTOMOB, MOCTPOEH KOHEYHbI Habop anrebp Tak, 4YTO Knacc aBTOYCTOMYMBBLIX anrebp coBnagaet C
KNaccoM KOHEYHbIX NMpsiMbIX Npou3BeaeHui anrebp n3 atoro Habopa. Tunbl nsomopdpuama anredp u3 atoro Habo-
pa MOSHOCTbI0O OMUCaHbl Yepe3 HEKOTOPYK CUCTEMY KOHEYHbIX WHBAPWUAHTOB, yKa3aH KOHCTPYKTMBHbIA CNocob
CTPOUTb 3TWN anredpbl C MOMOLLbID HEKOTOPOW MHAYKTMBHOM CXeMmbl. [loka3aHO Takke, YTO ANSA AaHHOro Knacca
CTPYKTYp aBTOYCTOMYMBOCTb PABHOCMUITbHA KOHEYHOCTW anropuTMUYEcKoW pasmepHocTW. [JaHHoe nccnegoBaHue
3aBepLuaeT cepuio paboT, B KOTOPbIX pPSAOM aBTOPOB MCCIEA0BANNCh YaCTHbIE CllyYaun 3TOW 3agayu.

Anaee I1.E., ABTOyCTOMYHBOCTh aTOMHO-HICATBGHBIX OOOTAIIeHUI BBRYUCIUMBIX OyneBbIx anreOp, JAH, 2010, T.433, No2,
c.151-153.

5. Paspa6oTaHa CTpPyKTypHasl TeOpusl KaTeropu4iHbIX XOPHOBbLIX KnaccoB. B yacTHocTu, fokasaHa Mo-
AernbHas NofIHoTa TeOpPUM 3TUX KIacCoB.

(3aB.1abopatopueit, a.¢.-m.H. E.A.Ilam0oTuH)

BasuncHble dakTbl CTPYKTYPHOM TEOPUM KAaTEropMYHbIX XOPHOBLIX KraccoB Obinn onybnukoBaHbl asTopoM B 1980-m
rogy. OHu sBnAnMcb 0606LEHMAMN CBONCTB KaTErOPUYHbIX KBa3UMHOroobpasun, NofIHOe OnMcaHne KOTopbixX Obi-
no nonyyeHo B 1975 roay. 3a npowegwme 30 neT He ObINO CyLWECTBEHHOIO NPOABWXKEHMS B HanpaBneHun nony-
YeHUS ONUCaHNsA KaTeropmYHbIX XOPHOBBIX KIAaCCOB.

MaBHOE JOCTUXeHMe, OTOOpaKeHHOe B NpeACTaBEHHOM pe3ynbTaTte, COCTOUT B OBHApPYXeHUN 1 UCMONb30BaHUN
TOro pakta, YTo CTPYKTYpHas TEOPUS KaTEFOPUYHBIX XOPHOBbLIX KNMacCcoB CaMbliM TECHbIM 06pa3oM cBsidaHa C Knac-
COM rpynm, NPUMUTUBHO MHTEPNPETMPYEMBIX B 3TUX Krnaccax.

Hanomun E.A., O cTpyKTypax ¢ KaTeropu4yHOi ctenenpto dpeme, Matepuans! 3-it Poccuiickoit mkomnbi-cemunapa "CUHTaK-
CHC U CeMaHTHKa Jorudeckux cucrem", Mpkyrck, 2010 r., ctp. 72-74.
IHanomun E.A. KateropudHsle XOpHOBBI KJ1acchl 2, Anredpa u jgoruka, T. 39, Ne 6 (2010).

6. OGobweHa knaccudurKaums anemMeHTapHbIX NOJMIHbIX TEOPUNA C KOHEYHbIMU npeanopsakamMu PyavHa —
Kencnepa Ha knacc Bcex Manbix TEOPUN.

(B.H.c., a.¢p.-m.1. C.B.Cynoruiatos)

[okasaHo, 4To B knacce marbiX TEOPUN TaKKe UMEKTCS ABE OCHOBHLIE XapaKTEPUCTUKKN: He Bonee Yem CHETHBIN
npeanopafok PyanH — Keincriepa Ha Tunax nsomopduamMa nNpocTbiX Haf KopTexamn Moaenen n oyHKUuusa pacnpe-
OeneHuns yvicna npegenbHbiX Mogernen Hag nocrnefoBaTenbHOCTAMM TUMOB. s knacca MarnbixX TEOpUA Nony4YeHo
OMNMUCaHNEe OCHOBHBIX XapakTepuCTUK. B mpegnonoxeHun KOHTUHYYM-TMnoTe3bl MOCTPOEHbI peanv3auumn BCex OC-
HOBHbIX XapakTEPUCTUK MarbiX TEOPUHA.

B pabote [CynonnaTtos C.B. NonHblie TEOPMM C KOHEYHBIM YMCIIOM CYETHbIX Mogernein. | // Anrebpa u noruka. 2004.
T.43, N 1. C.110-124] 61110 NOKa3aHo, YTO Kaxkgasl Teopusi C KOHEYHbIM YMCIIOM CHETHBIX MOAENen MMeeT ABe OC-
HOBHblE XapaKTepPUCTUKN: KOHEYHbIV npeanopsaok PyamH — Kencnepa Ha Tunax usomopduama npocTbiX Hag Kop-
Texamu mogenen n yHKUMA pacnpegeneHns Yicna npegenbHblx Mogenen Hag tTunamu. B pabotax [Cygonnatos
C.B. MNonHble TeOpUU C KOHEYHBIM YMCITOM cHeTHbIX Mogernen. Il // Anrebpa n noruka. 2006. T.45, N 3. C.314-353]
u [CygonnaToB C.B. O 4ncne cyeTHbIX MoAernen NosHbIX Teopuin ¢ KOHeYHbIMK Npeanopsaakamu PyanHa - Keincne-
pa // Cnb.matem.xypH. 2007. T.48, N 2. C.417-422] noka3aHO, 4TO BCE BO3MOXHbl€ OCHOBHbIE XapaKTepPUCTUKK
peanusyrTcs 1, B MPEeLNONIOKEHNUN KOHTUHYYM-TUNOTE3bl, UMEIOTCS peanv3aLm BCEBO3MOXHbIX OCHOBHbIX Xapak-
TEPUCTUK A58 TEOPUI C KOHeYHbIMU Npegnopsiakamu PyanH — Kencnepa.



Cyoonnamog C.B. Tuneprpadsl mpocThIX MOJAEICH U pacupeeNICHHsT CYCTHBIX MOJEIeH MalbIX Teopuli / DyHnaMeHTanbpHas
u npukinagaas marematuka. 2009. T. 15, N 7. C. 179-203.

Sudoplatov S.V. Hypergraphs of prime models and distributions of countable models of small theories // Journal of Mathemati-
cal Sciences. 2010. Vol. 169, No. 5. P. 680-695.

Cyoonaamog C.B. O gmcne cueTHBIX Mojeneil Manbix Teopuit Poccniickas mkona-cemuHap « CHHTaKCHC ¥ CEMaHTHKA JIOTHYE-
CKHX CHCTeM», mocBsmeEHHas 60-netuto npodeccopa FO.E. ummapéra. Tes. moxn. Bragusocrox: M3n-Bo [JamsHayka, 2008.
C. 23-25.

Sudoplatov S.V. Distributions of Countable Models of Small Theories / MexnyHapontas koHpepeHuus: «ManbleBCKHe uTe-
Hus», nocssiienHas 100-netuto co qus poxknenus: AHatonus MisanoBuua Mansuesa, 2428 asrycta 2009 r. Te3ucsl 10KkIa70B
/ HoBocubupck: Uuctutyt matematuku uM. C. JI. CoboneBa, HoBocuOupckuii rocynapcTBeHHsli yausepeutet, 2009. — C. 28-
29.

7. [OokasaHo, 4TO rpynna nepuoga 24, cogepxaiias 3fieMeHT nopsiaka 3 U He coaepXxawas 3/1eMeHTOB
nopsigka 6, NnokanbHO KOHeYHa.

(3aB.maboparopueit, wi.-k. PAH B.JI.MasypoB)

Crnekmpom nepuognyeckon rpynnel G 6yaem HasbiBaTb NoAMHOXeCTBO w(G) MHOXeCTBa HaTypanbHbIX 4YuMcern,
cocTosiee 13 nopsakos anemeHToB G. B HacToswen paboTe nccnegytotces rpynnbl G, Anst KOTOPbIX CAEKTP MmeeT
Bug wW(G)={3,2'|i=0, 1,...,m}. Ecrm m=0, To G TPEXCTYNeHHO HUNbMnoTeHTHa. Ecnn m=1, To G — paclmpeHue ane-
MeHTapHou abenesow rpynnbl NOCPEACTBOM FPynnbl NpocToro nopsgka. Ecnn m=2, o G nokanbHO KOHeYHa n eé
CcTpoeHune onucaHo. Mbl gokasbiBaem, 4To npu m=3 rpynna G Takke foKanbHO KOHeYHa.

Teopewma 1. lMNMyctb G — rpynna, gnsa kotopon w(G)={1,2,3,4,8}. Torga G nokanbHO KOHEYHA 1 BbINOSIHEHO OL4HO U3
cnegyrowux yteepxgeHun: (1) G=VQ, roe V — HeTpuBmanbHas HopmarnbHas anemeHTapHas abenesa 3-
noarpynna, Q sBnaeTcsa 2-rpynnon, kotopas AencTeyeT cBoboagHO Ha V 1 nsoMopdHa nnbo uuknmyeckon rpynne
nopsigka 8, nubo rpynne kBaTepHWOHOB nopsigka 16; (2) G=T<a>, roe T — HOpmanbHasa HWUIMbMOTEHTHaA 2-
noAarpynna CTyneHn HUNbNOTEHTHOCTU 2, a nopsifaok a paeeH 3; (3) G=TS, rae T — HUNbNOTEHTHaA HopMarnbHas 2-
noAarpynna CTyneHn HUNbMNOTEHTHOCTM 2 1 Nepuoga 4, a S nsomopdHa cMMMeTpUYecKkon rpynne crenenn 3. B ya-
CcTHoCcTW, G paspelumMa 1 eé CTyneHb pa3peLlMMocTy He bornbLue, Yem 4.

NokanbHO KoHeuHble rpynnbl G, ansa kotopbix wW(G)= {3,2' | i=0,1,...,m}, 06naaatT aHanorniHbIM CTPOEHUEM Ans
NPOU3BOSILHOIO M. »

Teopema 2. MycTb G — nokanbHO KOHeYHas rpynna, ans kotopoit 3ew(G)<{3,2' | i=0,1,...}. Toraa BbINOMHEHO OHO
u3 cnegywowmx yrteepxgeHun: (1) G=VQ, rge V — HeTpuBManbHasd HOpmarnbHas anemeHTapHas abenesa 3-
nogrpynna, a Q — 2-noarpynna, AencTByowas ceodboaHo Ha V 1 nsomopdHasa nmbo NokaneHO LIMKITMYECKOW rpyn-
ne, NM6o o6bEANHEHMIO BO3paCTaloLLEN LIeNOYkM 0606LLEHHBIX Fpynn kBaTepHUOHOB; (2) G=T<a>, rge T — AByCTY-
MEeHHO HUNbMOTEHTHas HopMarnbHasa 2-noarpynna v nopagok a paseH 3; (3) G=TS, rae T — ABYCTYNEHHO HWMbMO-
TEeHTHas HopmanbHasa 2-noarpynna n S ndomopdHa cuMmeTpudeckon rpynne cteneHn 3. B yactHocTn, G paspe-
LWMMa U e€ CTyneHb paspeLuMMoCcT He NMPeBOCXOANT Yncna 4. .

Ana noctaToudHo 6oMbLIMX M CyLLECTBYIOT npuMepbl rpynn G co crnekTpom Buaa w(G)={3,2' | i=0,1,...,m}, He sB-
NSOLWMECS NOKANbHO KOHEYHBIMU.

Mpeaonoxenue 1. Onsa noboro m=48 cywecTtByeT npoctas rpynna G, He ABRAOLWANCA NoKarnbHO KOHEYHOM, ANng
koTopon w(G)={3,2' | i=0,1,...,m}.

B.JI. Ma3zypos. O rpynnax nepuona 24. Anredpa u joruka, 48, Ne 6 (2010), 642-652.

8. [doka3aHo, YTO CTyneHb HUIbMOTEHTHOCTU «HWXHEro» sapa ABoWHOM pobeHMycoBOW rpynnbl orpa-
HMYeHa B TepMMHaxX nopsiAka U CTYNeHW HUMNbLMNOTEHTHOCTU «BepXHero» AononHeHus. MonyyeH nonoxwu-
TeNnbHbLIN OTBET Ha Bonpoc Ma3sypoBa 17.72(a) us KoypoBckown TeTpagu.

(C.n.c., 1.¢p.-m.1., H.}O.Makapenko coBmectHo ¢ [LIIymsukum (bpa3unusi))

OokasaHo, uTo ecnu GFH — gBoiiHaa dpobeHnycoBa rpynna ¢ «BepxHUM» AononHeHwem H nopsgka q, npyyem
noAarpynna HenoAswxHbIX Todek Cg(H) HUNbnoTeHTHa cTyneHu ¢, To G HUNBLMNOTEHTHAa (C,q)-OrpaHU4eHHONn cTyne-
HU. TeM cambIM NOMyYeH NONOXUTENbHbIA OTBET Ha Bonpoc Masyposa 17.72(a) us Koyposckon TeTpaau. Jokasa-
TenbCTBO Oa3npyeTcs Ha aHanorMyHoM pesynbTarte o konbuax Jlu: ecnu ppobeHnycosa rpynna aBTomMopcr3mMoB
FH ¢ agpom F npocTtoro nopsigka u gononHeHvem H nopsigka q gencTByeT Ha konbue Jln L Takum obpasom, 4To
noakonbLo HenoABwkHbIX Tovek C(F) rpynnbl F TpyBuaneHo, a nogkonbuo HenoasmkHblx Tovek Cy(H) rpynnel H
HWMBbMNOTEHTHO CTYMNEHMU C, TO KONbLO L HUMBNOTEHTHO (C,q)-OrpaHU4eHHON CTYNEHN.

Makarenko N.Yu, Shumyatsky P. Frobenius groups as groups of automorphisms // Proc. of the Amer. Math. Soc., 2010, V.
138, N 10, P. 3425-3436.

9. TMonyyYyeHbl KpUTEPUM BbINMOJIHEHUSA OCNabJieHHbIX aHasnoroB Teopembl CunoBa AnA XofsoBbIX noA-
rpynn B NPOU3BONIbHOW KOHEeYHOM rpynne.

(3am.aupexTopa, a.¢.-m.H. E.Il.Baosun, B.H.C., A.¢.-M.H. JI.0.PeBun)



Oenutens k HaTypanbHOro 4Yncna n Ha3oBEM XONMoBbIM Aenutenem, ecnu k, n/k B83auMHo npocTbl. Ecnu 1T — Heko-
TOpPOE MHOXECTBO MPOCTLIX YMCEN, TO Yepe3 T 0603HAYMM €ro OOMOSIHEHNE B MHOXECTBE BCEX MPOCTbIX YNUCETT.
YMcno n HasbIBaeTCs TT-4MCIIOM, €Civ BCe NPOCTble AenUTenu ymucna n nexar B T1. KoHeyHas rpynna HasbiBaeTcs
TI-rpynmnon, ecrnv eé nopsiaok sBnsieTcs m-uncriom. OueBngHO, YTO AenuTenb k HaTypanbHOro Ymicna n aBnseTcst
XOJITOBbIM B TOM U TOMLKO B TOM Crly4ae, eCin CyLLLECTBYET MHOXECTBO MPOCTbIX YMCEN TT Takoe, YTo k saBnsetcs
TT-4ncrnom, B TO BpeMsi kak n/k siensietca 1r'-uncnom. B Ttakom criyyae xonnoB genutenb 6ygem HasbiBaTb TI-
XONNOoBbIM Aenuteniem (0O4YeBMAHO, YTO AN AAHHOrO XOnyjioBa OenuTens MHOXECTBO TT OMpefenieHo HeeaWMHCT-
BEHHbIM 0obpasom). MNMoarpynna H koHeuyHou rpynnbl G Ha3blBaeTCA XOMMOBOW, eCnn eé nopsagok SABnseTcs Xonno-
BbIM Aenutenem nopsaka sceu rpynnsl. Mogrpynna H rpynnel G Ha3biBaeTcs TT-XONMOBOKW, ecrnv €€ NopsiaokK ABns-
eTcs TT-XONMoBbIM AenuTtenem nopsgka rpynnsl G.

B 1872 rogy Hopeexckui Matematuk J1.Cunos gokasan CBOK 3HaMEHUTYIO TEOPEMY:

Teopewma. MNyctb G — KOHeYHas rpynna nopsgka pkm, roe p — NpocToe YMCNo 1 p,m B3auMHO npocTel. Toraa (E) B
rpynne G cywecTtByeT nogrpynna nopsgka pk (HasbiBaemas CUNOBCKOW pP-noarpynnou). ACHO, YTO CUMOBCKME p-
noarpynnbl — 3T0 B TOYHOCTK p-xonnoBbl nogrpynnel. (C) Bce cunoBckue nogrpynnbl rpynnbl G conpspkeHbl. (D)
Jlobas p-noarpynna rpynnbl G cogepXuTcs B HEKOTOPOW CUIMOBCKOM p-Noarpynne.

B 1956 rogy ®.Xonn, o6o6wwas Teopemy Cunosa, Beén knaccel E;, C,; n D, ans o603Ha4eHnss KnaccoB KOHEYHbIX
rpynmn, CoOAepXalux TT-XOSNOBbl NOArpynnbl, POBHO OAMH KMAacC COMPSPKEHHBIX TT-XOJTOBLIX NMOArpynmn, U Kracca
rpynmn, B KOTOPbIX BLIMOSIHEH MONHbIA aHanor teopemMbl CunoBa Ons TTI-XOMSOBbLIX NOArpynn COOTBETCTBEHHO. B
oTnn4dne ot TeopeMbl CnnoBa, B 06wem criydyae knacc E,-rpynn MoxeT He coBnagaTb C KNAcCOM BCEX KOHEYHbIX
rpynn n BkntoveHust D,cC,cE;; MOryT GbITb CTPOrMMMU.

ABTOpamu NONyyYeHo ncUepnbiBatollee onucaHue knaccos E,;, C; n Dy,

E.I1.Boosun, /I.0.Pesun, «Kpurepuit COnps>KeHHOCTH XOJJIOBBIX MOATPYIN B KOHEYHOM rpymme», Cubupckuil MaTeMaTuye-
ckuit xxypHai, T. 51 (2010), N 3, 506-516.

Ilepesoo E.P.Vdovin, D.O.Revin, «Conjugacy criterion for Hall subgroups in a finite group», Siberian mathematical journal, v.
51 (2010), N 3, 402-4009.

D.O.Revin, E.P.Vdovin, «Existence criterion for Hall subgroups of finite groups», Journal of Group Theory, doi:
10.1515/JGT.2010.037. (noctymnHo Takxke mo anpecy http://arxiv.org/abs/0803.3868v3)

D.O.Revin, E.P.Vdovin, «On the number of classes of conjugate Hall subgroups in finite simple groups», Journal of Algebra, v.
324 (2010), N 12, 3614-3652.

10. OokasaHo, uTo apucmeTuka lNpecbyprepa nmeeT, N0 KpanHen Mepe, IKCMOHEHUUANbLHYK CIOXHOCTb
Ha nwbomM nogmHoxecTBe (hopMyn, aCUMNTOTUYECKAA NJIOTHOCTb KOTOPOro 3KCMOHEHUuManbHO ObICTPO
cTpemMuTcak 1.

(H.c., k.¢p.-m.1. A.H.Ppi6anos (OOHUM CO PAH))

eHepuyecknin noaxon K anroputMmyeckuMm npobrneMamMm — HOBOE HarnpaBfieHWe UCCrefoBaHui, paccMaTpuBato-
Lee nNpobrnemMy He Ha BCEM MHOXECTBE BXOAHbIX AaHHbIX, @ Ha NOAMHOXECTBE “NoYTM BCeX” BXOAOB (reHepuye-
CKOM MHOXecTBe). [ToHaTne “noutn Bce” hopmanusyeTcs Npy NOMOLLW BBEAEHWUS aCUMNTOTUYECKOW MIOTHOCTM Ha
MHOXEeCTBe BX040B. MHorne npobnembl, BbIYUCIIMTENBHO TPYAHbLIE B XyALIEM Criyyae, CTaHOBATCSA nerkumn (pas-
pewnmbiMK 3a NONIMHOMKanNbLHOE BpeMsi), eCnn paccMaTpvBaTtb He BCe BXOdbl, a “noyTu Bce” Bxodbl (MX acMMnTo-
TM4eckas NNoTHOCTb cTpemutcs K 1). Knaccuueckum npumepom Takow npobnembl sBnseTca 3agadva MMHENHOro
NPOrpaMMUpPOBaHUSA, AN peLeHns KOTOPOW Ha NPaKTUKE NMPUMEHSIETCS CUMMMEKC-METOA, UMEIOLLUIA 3KCMOHEHL M-
anbHy CIOXHOCTb B XydlleMm cryyae, Ho Ans 6onblwMHCTBa 3adad paboTtatowmii 3a nonvHomuansHoe spems. C
OpYrori CTOpPOHbI, CYLLECTBYIOT NpoOneMbl, KOTOpble OCTalOTCS CMOXHbIMK Aaxe Ha Nbom reHepuyeckomM nog-
MHOXecTBe. Hanpumep, Takne npobnembl N3BeCTHbI B Kpuntorpadum (npobnema gMckpeTHoro norapudgpma).
ApudmeTurka lMpecOyprepa SABMSETCS KNAcCUYECKOW pas3pelunmon Teopuen nepsoro nopsgka. Ee dparmeHTb
MMEKT MHOFOUYUCIIEHHbIE MPUITOXEHUS B Teopun onTuMmusaumm u Bepudunkaumm nporpamm. B 1974 r. PabuH un
duwep gokasanu, YTO aTa TEOPUS UMEET MO KpamHen Mepe ABOMHYK 3KCMOHEHLMANBHYIO CIIOXHOCTb B XyALWEM
crnyyae, TO eCTb Ha MHOXecCTBe Bcex cbopmyn. B To xe BpeMsa akTyaneH Bonpoc 06 adpeKTUBHLIX anropntMax
NPOBEPKN UCTUHHOCTU, KOTOPbIE XOPOLLO Gkl paboTanu ang “noytn Bcex” popmyn, T.e. Ha reHepU4EeCcKUX MHOXeCT-
Bax.

B paHHon paboTte (Rybalov, 2010) gokasbiBaeTcs, 4To apudpmeTtuka Npecbyprepa MMeeT Mo KpamHen Mepe 3KCno-
HEeHLUManbHY0 CAOXHOCTb Ha Nobom nogmHOXecTBe POpMyI, aCUMATOTUYECKAst NIIOTHOCTb KOTOPOrO 9KCMOHEH-
umanbHo GbICTpO cTpemuTcst K 1 (CTPOro reHepm4yecKkoM MHOXECTBE). OTOT pe3ynbTaT SBMSETCS NPOAOIDKEHNEM
paboTbl MO NCCneaoBaHNIO FEHEPUYECKON CMOXHOCTU KIACCUYECKNX anroputMuyeckux npobnem. PaHee Gbino go-
kasaHo (Rybalov 2007), 4To knaccuyeckas npobrnema OCTaHOBKM OCTaeTCs Hepas3peLunMoi Ha fnoboM CTporo re-
HepuyeckoM MHoOxecTBe. YcTtaHoBneHo (Myasnikov, Rybalov, 2008), yto nto6asa Hepa3spelunmasi Teopusi NepBoro
nopsigka octaeTcs Hepas3peLumMMoi Ha MoboM CTPOro reHepuyeckom MHoxecTse dopmyn. NoctpoeH (Myasnikov,
Rybalov, 2008) npumep nonyrpynnsl ¢ Npo6neMon paBeHCTBa, HepaspeLmMmMon Ha NioboM reHepMyYeckoM MHOXe-
cTBe.

A.Rybalov. Generic complexity of Presburger Arithmetic // Theory of Computing Systems, Vol. 46, Num. 1, 2010, pp. 2-8.
A.Rybalov. On the strongly generic undecidability of the Halting Problem // Theoretical Computer Science, Vol. 377, 2007, pp.
268-270.



A.Myasnikov, A.Rybalov. Generic complexity of undecidable problems // Journal of Symbolic Logic, Vol. 73, No. 2, 2008, pp.
656-673.

11. Pas3paboTaH HOBbIA MeTOoA UccnenoBaHUsA reomeTpun npoctpaHcTB KapHo - KapaTteogopwu npu ycno-
BUM MMHMMaAINbHOW rMagKoCcTU 6a3nCHbIX BEKTOPHbLIX NOMen.

(C.u.c., k.¢.-m.H. M.B.Kapmanoga)

PaboTta nocesilieHa HOBOMY NOAXOAY K UCCeL0oBaHMI0 NokanbHoOW reomeTpum npoctpaHcTe KapHo-Kapateonopu B
YCNOBUSAX MUHUMAnbHOW rnagkocTu 6a3ncHbIX BEKTOPHLIX nonen. MNpoctpaHctBo KapHo-Kapateogopy M — cBas-
HOEe pUMaHOBO MHoroobpasune ¢ BblAeNeHHbIM ropu3oHTanbHbIM nogpaccnoeHnem HM B kacaTtenbHOM paccrioe-
HuM TM, yOoBReTBOPSAOWUM ONpeaeneHHbIM anredbpanyeckmm ycroBusM Ha KOMMYTaTOpbl BEKTOPHbLIX MOMen
X1,...,Xn, cocTaensowmx 6asmc 8 HM, n=dim H,M ans scex p 8 M. HoBbIi noaxos no3sonsietT Ham, BO-NepBbIX,
pacnpocTpaHUTbL reomeTpuyeckue pesynbtatbl paboTtel [Karmanova M.B., Vodopyanov S.K. Geometry of Carnot-
Caratheodory spaces, differentiability, area and coarea formulas // In: Analysis and Mathematical Physics, Trends
in Mathematics, Verlag Basel/Switzerland: Birkhauser. 2009. P. 233-335] Ha Bce 3KBMperyrnsipHble NpOCTpaHCTBa
KapHo-KapaTteogopu ¢ MMHMMAnbHO rMagkvuMy BEKTOPHBIMU MOMSIMW, TO €CTb, TaKUMU, YTO UX MPOU3BOAHbIE refb-
AepoBbl (OTMETUM, YTO HE HY)KHO AOMONHUTENbLHO NpeanonaraTb BbiNonHeHue ycnosu Remark 2.2.19 u3 pa6o-
Thbl), U, BO-BTOPbIX, YNY4YLUNTb OLEHKM, YCTaHOBMEHHbIE B 3TON paboTe, a Takke NOMy4MTb MX AMs HOBbIX Cly4aeB
(HanpumMep, B OCHOBHOWN Teopeme U ee CrneAacTBUsX yxxe He TpebyeTcs ycnosue Ha cybprMMaHOBO «pacCTOsHUE»
MEeXAy LeHTpamun fnokanbHbIX rpynn). 3ameTnm, YTo B yKa3aHHOW paboTe OCHOBHble pe3yrbTaTbl MOMyYeHbl Npu
ycnoBum, 4Tto nmbo rmybuHa M npocTpaHcTBa paBHa 2, nnbo cnpaBeanuea Teopema [pomoBa 0 CXOOMMOCTU BEK-
TOPHbIX NONEN.

B ocHoBHOW Teopeme nony4veHbl KONMYECTBEHHbIE OLEHKN CPaBHEHMWS NOKanbHbIX rEOMETPUN Pa3HbIX JTIOKamNbHbIX
rpynn KapHo, Kpome TOro, yCTaHOBIIEHa 3aBMCMMOCTb 3TUX OLIEHOK OT Moka3aTensi reflb4epoBOCTU MPOU3BOAHBIX
KOOPOWHATHBIX (PYHKUMIA ©6a3UCHBIX BEKTOPHBLIX MOMEN N OT pMMaHOBa PacCTOSHUS MEXAY LieHTpaMm JNoKamnbHbIX
rpynn.

Otcloga nonyyaeMm pesynbTaTtbl, KOTOpPbIE B [MagkoM Criydae sIBNSATCA OCHOBOMonarawwumu B Teopun npo-
cTpaHcTB KapHo-Kapateogopu: 1) Teopema PaweBckoro-4oy o BO3MOXHOCTM COeAMHEHMS NoObIX ABYX TOYEK ro-
pusoHTanbHon kpmeon; 2) Ball-Box-0-Teopema 0 nokaneHON GMAMMINLEBON 3KBMBANEHTHOCTU «OOKCOBOM» KBa-
3umeTpukn n metpukn KapHo-Kapateogopw; 3) JlokanbHble annpoKCMMaLUOHHbIE TEOPEMbl O CPaBHEHUN METPUK U
KBa3MMETPUK B NIOKaNbHOM rpynne n B MICXOAHOM NPOCTPaHCTBE U Ap.

M.F.Kapmarnosa. HoBblil OAX0/ K MCCIeIOBaHUIO reoMeTpun npoctpancTe Kapuo-Kapareogopu / JJoxn. AH, 2010, T. 434,
No. 3, C. 309-314.

12. [oka3aHo, 4To creayolmue Tpu knacca C'-rnagkux noBepxHocTeit B R® coBnapator: (i) knacc noBepx-
HOCTEeM, UMeloLMX HYJIeBYIO BHELWHIOK KpuBU3HY no MoropenoBy; (ii) knacc nuHenyvaTbIX pa3sBepTbiBalo-
WwuxcA noBepxHocTen; (iii) kmacc noBepxHocTen, cchepuyeckoe n3obpaxeHne KOTOpbIX He MMeeT BHYTPeH-
HUX TOYEK.

(B.u.c., 1.¢.-M.H., M.B.Kopo6koB)

OT10 yTBEpXAeHne AaeT oTBeT Ha Bonpoc, noctasneHHbin C.3.lWedenem ewe yeTBepTh Beka Hasag (cm. [WWedenb
C.3. C'-rnapgkue NMOBEPXHOCTM OrPaHNYEHHOW BHELLHEW MOSTOXUTENBHOM KpMBU3HLI // Cnb. mart. xypH. 1975. T. 16,
No. 5. C.1122-1123]). PesynbTaT TO4eH B crneayloLlem cmbicne. Bo-nepBbix, xaycaopdoBa pasmepHoOCTb cdepu-
4YecKoro n3obpaxeHus yKasaHHbIX NMOBEPXHOCTEN MOXET MPUHMMAaTbL NMtobble 3Ha4YeHus B nHTepsane [1,2]. Janee,
QNS NoBEpXHOCTeN B R* aHanormyuHbIii pesynbTaT yxe He BepeH: cyliecTByloT Cl-rnafkue nuHenyatble passepTbi-
BaloLMecs rvneprioBepxHocT B R?, cpepuueckoe n3oBpakeHne KOTOPbIX UMEET MOMOKUTENbHYIO TPEXMEPHYIO
mepy Jlebera.

Kopo6kos M.B. CeoiictBa C'-rnagxux (yHKIHiI, MHOXKECTBO 3HAYCHHH IPAIHEHTAa KOTOPHIX TOIMOIOTMYECKH OTHOMEPHO //
Hoxn. PAH. 2010. T. 430, No. 1, C. 18-20.

13. NMony4yeHO 3KBMBaNEeHTHOE OMUCaHME aHalIMTUYeCKUMX CBOWMCTB annpokcumatuBHO AudycpepeHumpye-
MbIX OTOOpPaXXeHMW PUMaAHOBbIX MHOroobpasui, UHAYLMUPYHOLMX OrpaHM4YEeHHbLIN onepaTtop nepeHoca

AndpcpepeHunanbHbIX opM ¢ HOpMOM B NpocTpaHcTBax JleGera.
(3aB.naboparopueit, 1.¢.-m.H. C.K.BogonbsHoB)

MonyyeHbl HeobxoanMbIe U AOCTATOYHbIE YCMOBUS annpoKCMMaTUBHO AnddepeHUnpyeMbix 0TOBpaxeHn puma-
HOBbIX MHOrOO6pPa3nin, MHOYLUPYIOLWMX OrpaHUYeHHbIA onepaTop nepeHoca auddepeHumanbHbIX (hOpM C HOPMOW
B nNpocTpaHcTBax Jlebera.

B kadecTBe crneacTtBus, B YacTHOCTU, BbIBEAEHO, YTO romeomopcumam knacca ACL(M), ana kotoporo onepartop
nepeHoca guddepeHumnansHbix hOpM C HOPMOW B NpocTpaHcTBeax Jlebera aBnseTcs naoMopgpnamom, Hensbex-
HO BygeT nMbo KBa3MKOHMOPMbIM, NTMBO KBA3NM3OMETPUYHBLIM. [1pNBOAATCS Takke HEKOTOPbIE MPUMEHEHMS Nony-
YeHHbIX pe3ynbTaToB K UCCreaoBaHnio yHKTOPUAanbHOCTH KOroMonoruii B npocTpaHcTeax Jlebera.



WccnepnosaHne aton npobnemsl ana anddepeHumnansHbiX opM eCTeCTBEHHO MPUMBOAUT K BblAENEHUI0 HOBOroO
Knacca oTtobpaeHun, Ans KOTOpbIX MUHOPbI MaTpuubl Akobu nopsgka k obpalaloTcs B Hyfb MOYTU BCOQy Ha
MHOXECTBE Hyren sikobrnaHa. Takue oTobpaxeHus uccnenoBannch paHee nuib npu k=1.

[oka3aTenbCTBO OCHOBHbIX pe3ynbTaToB CyLleCTBEHHO 6asupyeTcs Ha meTogax paboT aBTopa, paspaboTaHHbIX
ONs onucanns HeobxoaMMBbIX 1 OCTATOYHbIX aHANUTUYECKNX CBOWCTB M3MEPUMBbIX OTOBPaKEHNA, NHAYLIMPYHOLLMX
OrpaHu4eHHbIn onepaTtop npoctpaHcTB Cobonesa ¢ nepsbiMM 0600LLEHHBIMW MPON3BOAHBIMU.

Booonvanos C.K. Ilpoctpancta nuddepeHuaibHbX GOpM B 0TOOpaKeHUSI ¢ KOHTPOJIUpYeMbIM nckakenneMm // U3s. PAH.
Cep. matem. 2010. T. 74, No 4. C. 5-32.

14. Ha obwwmx rpynnax KapHo nony4eHbl MHTerpanbHble npepcrtaBneHus Tuna CoGoneBa, KoTopble siB-
NAKTCA HOBLIMU U B €BKNNOOBOM npocTpaHcTBe. [onyyeHbl TeopeMbl BMIOXEHUSA U YCNOBUS UX NOJTHOM

HenpepbIBHOCTY.
(3aB.maboparopueit, 1.¢.-m.H. C.K.BogonssHoB, c.H.C., K.¢.-M.H. JI.B.Mcanrynosa)

WuTerpanbHble npeactasnenns ans auddepeHumpyemMbix QyHKLUUA Ha 06nacTsx, 3B€34HbIX OTHOCUTENBHO Lapa,
pokasan C. J1. Cobones B 30-e roabl npownoro cronetusi. B nHrerpanbHoOM npeacraBneHuun (pyHKLMS, nveroLlas
cnabble NpoM3BOAHbIE, BblpaXaeTCcsa Kak CyMMa rnagkon yHKUMM Unmn nonnHoOMa v MHTerpana tuna noteHumana
OT cnabbix NPOU3BOAHBLIX AAHHOM DYHKUUW. DTU NpeacTaBneHns okasanucb NOnesHbIMU Kak B Teopun yHKUNO-
HamnbHbIX MPOCTPAHCTB, TaK U B TEOPUWN YPABHEHUI C YaCTHbIMW NPOM3BOAHBLIMW. OHN MPUMEHSIOTCH Takke B KBa-
3UKOH(POPMHOM aHanm3e u B Teopum ynpyroctu. KospumMTUBHbIE OLEHKM BO3HUKNM B Teopun anddepeHumnanbHbiX
onepaTopoB Kak MHCTPYMEHT ANs HaxoxAeHus peweHun guddepeHumanbHeix ypasHeHu. Obnactu xoHa wnm
00nacTu ¢ orpaHNYEeHHbIMU BHYTPEHHUM U BHELWWHUM paguycamu Been ®. [bkoH B 1961 rogy. Ha obnactax DxoHa
B R" BLINOMHAIOTCS MHTErpanbHble NpeacTaBreHns Tuna Cobonesa 1 TeopeMbl Bloxenus. OnpeaeneHne ncnonb-
3yeT TOMbKO METPUKY U MOXET ObITb pacnpocTpaHeHo Ha Nboe MeTpmyeckoe NPOCTPaHCTBO.

Mbl nonydYaem mHTerpanbHble NPeAcTaBneHns U KOSPLMUTUBHBIE OLIEHKM O51S OAHOPOAHBLIX AuddepeHuUmanbHbIX
onepaTopoB C MOCTOSAHHBIMU KO3 ULMEHTAMU N KOHEYHOMEPHBLIM A4pOoM Ha obnactsix [koHa rpynn KapHo.
Npynna KapHo — 910 cTpaTnduumpoBaHHas HUNbNOTEHTHAs KOHeYHoMepHas rpynna Jln ¢ BblAeneHHbIM HenHTer-
pypyeMbiM NogpaccrioeHMemM B KacaTellbHOM pPacCrioeHuM, KOTOPOe Ha3biBaeTCs ropu3OHTarnbHbIM. BekTopHbie
nonsi rOpu3oHTaNbHOrO MOAPACCNOEHUs YOOBMNETBOPSIOT YCMOBUIO XépmaHgepa, T.e. OHW NOPOXAAatT CBOUMU
KOMMYyTaTopamm BCe kacaTenbHOe npocTpaHcTBO. Mbl paccmatpuBaem rpynny KapHo ¢ meTpukon KapHo — Kapa-
Teoaopu dg, KOTOpas onpeaenseTcs Kak MHPMMYM ANVH BCEX roOpu3OHTarnbHbIX KPMBbIX, COEQUHSAIOWMX ABE TOY-
kn. (Cnpamnsemas KpvBasi Ha3biBaeTCsl rOPU3OHTaNbHOW, ECNN €e KacaTenbHbIA BEKTOP NMPUHAANEXUT ropnsoH-
TanbHOMY NPOCTPAHCTBY No4yTK Betogy.) O0o3Haunm Yepes paamepHoCcTb Xaycaopda OTHOCUTENBHO METPUKN d..
B obuwem cnydae ctporo 6onblue, 4eM Tononormiyeckast paamepHoOCTb rpynmbl.

Mbl nonyyaem nokarnbHble MHTerpanbHble npeactaBneHnsa Ha rpynne KapHo, B KOTOPOM hYHKUUSA pasnaraeTcs Ha
CYMMY rnagkon yHKUUM 1 MHTerpana tuna noTeHumana ot cnabbix npousBogHbix nopsgka |. OTMeTuMm, 4Tto u B
€BKNMAO0BOM cry4vae JaHHOe NpeacTaBreHus SBrseTcs HOBbIM, MOTOMY UTO SAPO CUHTYISAPHOrO onepaTopa 3aBu-
CUT OT OHOWM NepeMeHHon (y-x), a He oT (X,y). Takke NnonyyeHo MHTerpanbHOe NpeacTaBneHne B Buae CyMMbl No-
nMHOMa 1 nHTerpana Tuna noteHuymana. Mbl Joka3biBaeM MHTerpanbHble NpeacTaBneHns HoBbiIM MeTogoM. B eBk-
NMAOBbBIX MPOCTPAHCTBAx MPOTOTMN 3TOro Metoda Obin ncnonb3oBaH B.C.PeiykoBbiM. OH OCHOBaH Ha npeacTas-
neHun PyHKUUIN Yepes CBePTKN CO crneuunarnbHbIM SAPOM, SABASOLWMMCS CYMMOW ABOUYHLIX pacTskeHUn. [aHHbI
MeTo[, MOXHO paccmaTpmBaTh Kak aHarnor BocnpounssoasLlen popmynsl KansgepoHa.

MonyyeHne KO3PUMTUBHBIX OLEHOK OCHOBAHO Ha MOfyYeHHOM WMHTEerpanbHOM NpeacTaBreHnn, TeopemMax Brioxe-
HUA Anga noteHuuwanos Pucca n Teopeme tvna 3urMmyHaa — KanbgepoHa.

Ha o6nactax DxoHa obwux rpynn KapHo Takke gokasaHbl HEpaABEHCTBO [lyaHKape M TeOpeMbl BIOXEHUSA Tvna
CoboneBa: B NpOCTPaAHCTBO MHTErpupyembix yHKUMIA npu Ip<dimy, B MPOCTPaHCTBO HeMpepbiBHbIX hyHKUMIA Npu
Ip>dimy, B NpoCcTpaHCTBO rénbaepoBbiX yHKUMI npu Ip>dimy 1 B npoctpaHcTBa Opnnya npu Ip=dimy. Bo Bcex
cny4vasix ykaszaHa siBHast 3aBUCMMOCTb HOPM paccMaTpuBaeMblX ONepaTopoB BMOXEHUS B 3aBUCUMOCTU OT reomeT-
puvn obnacTtu [koHa. MNonyyeHbl Takke yCNoBUSA BMOMHE HENPEPBLIBHOCTN ONEPATOPOB BIOXEHWS.

OTmMeTVM, 4YTO B €BKNMMOOBOM CIlydae [OoKa3blBAETCA TONBbKO JlOKamnbHas rénbaepoBoCTb coboneBckon yHKUMK.
Mbl BBOOMM MOAYNb HEMPEPLIBHOCTM Ha Bcel obractu [koHa. [Ana 3TOro mMbl BBOAMM HOBYKO METPUKY, KOTOpas
3aBMCUT OT 06n1acTu 1 NOKarnbHO €CTb MPOCTO CTEeMNeHb PacCTOSAHUS dgc.

D.V.Isangulova, S.K.Vodopyanov. Coercive estimates and integral representation formulas on Carnot groups // Eurasian Math.
J. 2010. V. 1, N 3. P. 58-96.

15. [aHbl onepaTopHble BEPCUM Kilaccuyeckon nemmbl Papkaiwia B TEOPUM NMHENHbIX HEPABEHCTB.
(Tm.H.c., n.¢p.-m.H. C.C.Kyrarenanze)

B pamkax 6yneBo3Ha4yHOro aHanv3a AaHbl OnepaTtopHble BEPCUMM Kraccuyeckon nemmbl Papkalla B Teopun nu-

HENHbIX HepaBEeHCTB. BbiBegeHbl HOBblE TeopeMmbl 00 alnbTepHaTuBe U pasrfinyHblie TeopeMbl O CreagcTBUAX CUCTEM
HepaBeHCTB 4514 onepaTtopos, ,D,eI7ICTByIOLLLI/IX B BelleCTBEHHble N KOMMNJIEKCHbIE NMPOCTPaHCTBa KaHTopOqua.



Kymamenaosze C.C. HoBas ¢popma nemmbl @apkama // Cudupckuii mat. xypH. 2010. T. 51, Ne 1. C. 98--1009.
Kutateladze S.S. Boolean trends in linear inequalities // J. Appl. Indust. Math. 2010. V. 4, N 3. P. 340--348.

16. HampeHbl cnekTpanbHble AaHHble ONSl NePUOANYECKOro MarHUTHOrO HEpPenATUMBUCTCKOro oneparopa
Maynu n nocTtpoeHa (2+1)-mepHas 3BONIOLUOHHAsA cucTema, sABnsawwWwanca 2D-pacwumpeHuem ypaBHEHUs
Broprepca.

(C.u.c., k.0.-m.H. A.E.Muponos coemectro ¢ [1.I".I'punesnyem u C.IT.HoBukoseim (UTO PAH))

WccnenosaHo MHoroobpasne KOMNNeKCHbIX COBCTBEHHbIX hyHKUMA Brnoxa--dnoke ona HyneBoro ypoBHS ABYMeEp-
HOro HepenaTUBUCTCKOro onepartopa [laynu, onucbiBaloLwero ABMXKEHNE 3apsXKEHHOW YacTuLbl B NEPUOLMNYECKOM
MarHWTHOM Of1e C HYNIEBbIM MOTOKOM Yepe3 dMIEMEHTAPHYH S4YEKY U HYNEBbIM 3NEKTPUYECKNM nonem. 3To MHO-
roobpasne NosIHOCTbI0 U3Y4eHO A1 LMPOKOro Knacca anrebpo-reomeTpuyeckux onepatopos. MocTpoeHsl npume-
pbl HEOCODbIX anredpo-reoMeTpuYEecKMX NEPUOANYECKMX Nomnen (C HyrneBbIM NMOTOKOM Yepe3 3NeMEHTapHy a4en-
Ky), OTBEYaloLLMX KOMMNIIEKCHBIM puMaHoBbIM noBepxHocTam poga 0. [ns 6onee BbICOKMX pOoAOB MOCTPOEHbI Me-
puogunyeckme onepartopbl ¢ adpdektoMm AapoHoBa--boma. NocTpoeHa (2+1)-mepHas 3BOMIOLMOHHAsS CUCTEMA, SIB-
nsowasnca 2D-pacwmpeHem ypaBHeHus broprepca. HarigeHbl anrebpo-reomeTpuyeckne gaHHble AN peLleHns
3TOM CUCTEMBI.

I1. I'. I'punesuu, A. E. Muponos, C. Il1. Hosuxos. JIBymepHsIii onepatop Llpénuurepa: sBomonuonusie (2+1)-cucteMsl n X
HOBBIC PEAYKINHU; IBYMEpHas uepapxus broprepca u nanusie odpatroit 3agauu / YMH, 65:3(393) (2010), 195-196.

II. I Ipunesuu, A. E. Muponos, C. II. Hosuxos. O HyI€BOM ypOBHE YUCTO MArHUTHOTO ABYMEPHOI'O HEPEISATHUBUCTCKOTO
omeparopa [laymu st wactur co ciimHoM 1/2 // Teoper. u mateM. pus. 164:3 (2010), 333-353.

17. [oka3aHo, YTO KPUTUYECKUM YPOBHAM (pyHKLMOHANa AeNCTBUS B NepuoanyecKkon 3agayve o ABUKEeHUU
3apsiKeHHOM 4YacTuLibl B MarHATHOM MOJie MOYTU Ha BCEX YPOBHAX 3HEPrun oTBEYaKT KPUTUYECKME TOYKU —
nepuoguyeckue TpaeKTopmumn YacTuubl.

(3aB.1aboparopueit, wi.-k. PAH U1.A.TaiiMmaHOB)

[N cunbHbIX TOYHBIX MArHMTHBIX Nonen yHKUMOHaN AeUCTBUS (ANvHA + MMHENHbIA N0 CKOPOCTAM MarHWUTHbIN
YreH) He orpaHuyeHa CHMU3Y Ha NPOCTPaHCTBE 3aMKHYTbIX CTAMMBAEMbIX KPUBbLIX U HVXKHUE OLEHKN Ha YMCHO Kpu-
TUYECKMX YPOBHEN BbIBOAATCA C MOMOLLbIO NPUHLMNA NepeknabiBaHus LUMKNoB. B cTaTbe gokasaHo, YTo AN noyutu
Ka)KOoro YpOBHSI SHEPruu NpUHLMN NepekvabiBaHWs LUMKNOB AAeT KPUTUYECKME TOYKM — Mepuognyeckne marHut-
Hble reoge3nyeckue - Ha onpeaensemMblX UM KPUTUHECKNX YPOBHSIX.

Tatimanos U.A. Periodic magnetic geodesics on almost every energy level via variational methods. Regular and Chaotic Dy-
namics 15 (2010), 598-605.

18. HainpgeHbl HOBble aHaNUTU4YEeCKUE PELUEHUS NIMHEWHbIX U HEerNMHEWHbIX ypaBHeHUN MaTemaTU4ecKoW
(bU3MKM ¢ nepeMeHHbIMM Ko3dcpuuMeHTamMu, cogepkawime (PYHKLUMOHANbHLIA NPOU3BOS. OTU pelueHus
MOTYT GbITb UCMOJNb30BaHbl ANsl NPOBEPKN YNUCIIEHHbIX anropMTMOB M NPOrpaMM peLueHUsl NPsMbIX U 06-
paTHbIX 3aga4y MaTeMaTU4eckon pUsnku.

(3aB.1aboparopueit, 1.¢.-m.H. FO.E.AHUKOHOB, C.H.C., K.¢.-M.H. M.B.Hemaium)

Mpeacraenenue pelleHuit n KoadhuuneHToB AnddepeHLmanbHbiX YpaBHEHUA JOCTAaTOMHO LUMPOKO NpeacTasne-
HO B MaremaTuyeckom nuTepatype. K STOMy HanpaBneHuio OTHOCUTCA MNOCTPOeHWe  OYHKUMOHAaNbLHO-
WHBApUaHTHbIX peLleHnin rmnepbonuyecknx ypaBHeHWUI, aHanMTuyeckne npeacTaBneHus pelueHnii n koadpduum-
€HTOB napabonuyecknx ypaBHeHUW, NpeacTaBneHne pelleHns u kosdduumnerHTta ypasHenus LWtypma-lnysunns ¢
npMMeHeHneM B 0bpaTHbIX 3agadvax TeopUn paccesHusl, MOCTPOEHNEe rapMOHMYECKUX U ApYrMx noTeHumanos Ans
BbIYMCMEHUSA peLLeHnin (CKOPOCTM) N KOIPMULMEHTOB (4aBNeHNs1) CUCTEMbI YPaBHEHUA ra3oBOV QUHAMUKU U OpY-
rme. B 3apayax naeHTugukaumm npegnovTuTensHO AN peleHnin AMHaMUYeckux CUCTEM UMETb SiBHble DOpMYrbl,
copepxalime napameTpbl, KOTOPbIE N HYXXHO KOHKPETU3NPOBaTh. [ins MHOromMmepHbIx obpaTHbIX 3adad Takke Xena-
TenbHO MMeTb (PopMynbl, NpeacTaBneHnsa peleHnn n KoadmMUUNeHToBs anddepeHumnanbHbliX YpaBHEHUA, KOTO-
pble cogepxanu 6bl 4OCTAaTOYHO LUMPOKMIA NPOou3BoN B Buae OYHKUUIA OOHOMO UM MHOMUX NEPEeMEHHbIX C Lenbio
JanbHenwen nx KOHKpeTM3aummn.

B uenom uccnegoBaHusi aBTOpOB HanpaBfieHbl HA KOHCTPYKTUBHOE MOCTPOEHUE peLUeHU KOHKPETHbIX 0bpaTHbIX
3agay martemaTnyeckon pusnkn. CyLecTBEHHbIM 3N1EMEHTOM SIBNSETCA NOUCK HOBLIX NPeAcTaBneHuin Ang pele-
HUIA N KO3 PULNEHTOB YpaBHEHNS.

Tak gna npomnsBoaAWmMX PYHKUMIA BEPOSITHOCTHBIX NPOLECCOB NOMNyyeHbl opMynbl, coaepxalime obLne Henu-
HeliHble oTobpaxeHus. [daHbl NpUNoxeHus Takmx opMyn K obpaTHbIM 3adadam Ans guddepeHumnanbHbixX ypas-
HEHUN.

Anuxonos FO.E., Kpusyos FO.B. Hewyaoum M.B. KOHCTpYKTHBHBIE METOJbI B HETMHEWHBIX 3a/ladaX TEOPUHU yTpaBieHHS. //
Cubupckuii xypHaln uHAyCTpUaIbHOI Matemaruky, 2010, T.13, N 2, 30-45.



Anuxonog FO.E., Hewaoum M.B. TlpeacraBnenus pemennii, Ko3(h(QUINEHTOB, CHMBOJIOB OIIEPAaTOPOB IBOIOLUMOHHBIX YpaB-
HeHHH U oOpatHbIe 3aaa4yn.// Bectauk HI'Y. 2010. T.10, N 2, C. 25 — 36.

Anuxonog FO.E., Hewaoum M.B. O06 aHaTUTHYECKUX METOJaX B TEOPHUH OOpaTHBIX 3a7ad MaTeMaTH4ecKod ¢u3uku.-// Cu-
Oupckre IeKTPOHHBIE U3BeCcTUs. Tpyapl MEepBOH MEXIYHAPOJHON IIKOJIBI-KOH(pEepeHIUM» Teoprs 1 YNCICHHBIE METOIBI pe-
IIEHUs] 0OpaTHBIX 1 HEKOPPEKTHBIX 3a1a4.» 9acTh 1, 2010, c.11-61

Anuronog FO.E., Hewaoum M.B. Betssuuecs mnporeccsl, otoopaxenus 1 oodparnsle 3anaun. [Ipenpunr 247, UM CO PAH,
2010.

19. Mony4yeHo o6oGWEeHMEe noOKarbHOM TeopeMbl HeJeHKO M MHTerpo-rnokanbHou Teopembl CTOyHa-
lLlenna pgns cymMmm He3aBUCUMbLIX pa3HopacnpeaerieHHbIX CllyYauHbIX BefiM4uH B cxeme cepuir. lNpu Bbi-
nonHeHuu ycnoBusa Kpamepa Ha pacnpepeneHus cnaraembiX Nony4yeHbl TaKXKe HOBble MHTErpo-fokKanbHbIe
M nokanbHble TeopeMbl B CXemMe cepui, AeMcTByowmMe B o6nactm 60nbLMX U YMEPEHHO 60MnbLUNX YKI10-
HEHUN.

(CoBernnk PAH, akamemuk BopoBkos A.A.)

B TeueHue nocnegHux 50-60 neT WNO UHTEHCUBHOE U3ydYeHME acMMMTOTMYECKOrO NOBEAEHUs pacnpeneneHun
CYMM CIlyYalHbIX BEMNWYMH, CBA3AHHOE CO MHOMMMU NMpuUKNagHeiMn 3agadamn. BonbLUIMHCTBO pe3ynbTaToB 34eChb
OTHOCUTCS K CXEMe CYMMMUPOBAaHWS 3NEMEHTOB NOCNea0BaTENbHOCTU HE3aBUCUMbIX OOUHAKOBO pacnpeneneHHbIX
cny4variHbiX BennyuH. CyLiecTBeHHbIM NPOABMXEHMEM B 3TOM 061acTu ABMMCS BbIMOMHEHHbIW B NocneaHee aecs-
TuneTtne umkn pabot A.A.BoposkoBa n A.A.Morynbckoro, ycTaHaBnMBaoLmMn acMMNTOTUKY BEPOATHOCTEN Gonb-
LUMX YKIMOHEHWI BO BCEX BO3MOXHbIX AMana3oHax YKMOHEHW. AKTyanbHbIM, HO 6onee TpygHbIM ABMsSieTCst uccne-
[OBaHMe acMMMTOTMYECKOro NOBEAEHMS pacnpeaenieHnin CyMm pasHopacnpefeneHHbIX CriyYyalHbiX BENMYUH B Tak
HasbiBaemon cxeme cepuin. A.A.BopoBKoBY yaanocb MonyqnTb psii aCUMMTOTUYECKMX PE3YNbTaToB O BEPOSATHO-
CTAX BONbLUMX YKITOHEHMI 1 B 9TON Bonee obLien cntyaumu.

A.A.Bopoekos. VIHTErpo-IOKaIbHbIE 1 JIOKAJbHBIE TEOPEMBI O HOPMAJbHBIX M OONBIINX YKJIOHEHHSX CyMM pasHOpaclpese-
JICHHBIX CIy4allHBIX BEJIMYHMH B cxeMme cepuil. Teopus BeposTHocTeit u ee nmpumenenus, 2009, 1. 54, Boin. 4, c. 417-436.

20. MpeanoxeHa HoBasA AByXLWaroBasi Npouegypa NOCTPOEHUA OLEHOK B 3afaye JIMHEMHOW perpeccuu B
cryyae HeBbINOJIHEHEHUs1 pAJaA Knaccu4yeckux npeanonoxeHui. HainpgeHbl Heo6xoauMble U AOCTaTOYHbIe

ycnoBusa acMMNTOTUYECKOMN HOPMaJnibHOCTU NpeaToXeHHbIX OLLeHOK.
(C.n.c., k.0.-m.H. 10.1O.JIunke, B.H.C., A.0.-M.H. A.1.CaxaHEHKO)

3agada oueHVBaHWSA HEU3BECTHbIX NapameTpoOB PErPECCUOHHBIX MOAENEN BO3HUKAET B MHOTOYMUCIIEHHbIX MPUITO-
XKEHUSX M MO CYTU CBOAWUTCH K UCCNEeLOBaHUI0 3aBMCMMOCTU 3KCMEPUMEHTANbHO HabngaemblX AaHHbIX OT Tex
UNKU UHbIX (PakTOpOB NP YCNOBMKU, YTO pesynbTaTbl 3KCNEPUMEHTa coaepxaT crny4variHble norpelwHocTn. N3secT-
Hble Kraccuyeckue pesynbTaThl B 3TOW 06nacTu KacalwTCa CUTyauun, Korga owmnbkn M3aMepeHnin oanHakoBo pac-
npegeneHbl U He CBA3aHbl C NoanexallMMy OLEeHMBaHUI0 napameTpamu. ABTOpPbI NpeacTaBnsieMon paboTbl mc-
cnepoBanu cywectseHHo 6onee obLyo Moaens NMMHENHON perpeccuu, korga gucnepcun HabnogeHu 3aBmcaT oT
HEen3BecTHOro napameTpa Mogenu, a KoagPUUMEHTbl JIMHEWHOW 3aBUCMMOCTU U3MEPSITCA CO CryYamHbIMU
owmnbkamun. Mimm npegnoxeHa HoBasi AByXLWarosas npoiueaypa nocTpoeHUst OLIEHOK, rapaHTMpPYoLLas COCTOATENb-
HOCTb 3TUX OLEHOK. HangeHobl oblime Heobxoanmble 1 AOCTaTOYHbIE YCIOBUSA aCUMNTOTUYECKON HOPManbHOCTU
BBeEHHbIX OLleHOK. ViccnegoBaHa cuTyaums, Korga 3Ty oueHKM MMerT MUHUMAarbHYI0 acMMATOTUYECKY AMchnep-
cuio. MNocTpoeHbl oueHKM AN acMMMNTOTUYECKOM Aucnepcuu, No3BonsowWme pewaTtb 3a4a4m UHTepBarnbHOro oue-
HMBaHWA U NPOBEpPKM rvnoTes. MccnegoBaHme OLEHOK NPOBEAEHO Mpu BecbMa criabblx OorpaHWyYeHnsx Ha napa-
METPbI Moaenu.

Jlunxe FO.1O., Caxanenxo A.M. AcUMOTOTHYECKH HOpMajbHOE OIEHUBAHUE B 3aja4ye IPOOHO-THMHEHHON PErpeccuu Co CIIy-
yaHbIMU OITHOKaMu B Kod(dunmentax. Cub. matem. XKyprai, 2008, 1.49.Ne 3, ¢. 592-619.

Jlunke FO.10., Caxanenxo A.J. ACHIMITOTHYECKH ONTHMAIIFHOE OIICHWBAHUE B 3a/1a4e JIMHEHHOW perpeccuy MpH HEBBINOJIHE-
HHHM HEKOTOPBIX KJIACCHUYSCKUX mpeanookeruit. Cud. marem. xxypuai, 2009, 1.50, Ne2, ¢. 380-396.

Jlunxe FO.FO., Caxanenko A.M. ACHMITOTUYECKU ONTUMAIBHOE OLICHUBAHKE B 3aJaue JIMHEHHOW perpeccuu co ciayyalHbIMU
ommOkamu B koapurnmenrax. Cubd. marem. xypHai, 2010, .51, Nel, c.128-145.

21. YcTaHOBIEeHbl ABYCTOPOHHUE OLIEHKM MaX-HOpPM Oo6paTHbIX MaTpuL ANA MaTpPUL, MOHOTOHHOro BuAaa u
BMoOJIHe HeoTpuUaTenbHbIX MaTpuL,.

(Yu.cekperaps, 1.¢.-m.H. F0.C.Bonkos, c.H.C., K.().-M.H. B.JI. MUpOIIHUYEHKO)

Bo MHOrvx sagavax Y4cneHHO aHanuaa BO3HMKaeT HeOOXOAMMOCTb OLIEHKU HEKOTOPOWM HOPMbI AN 3a4aHHOW MaT-
pvubl. CylecTByowne MeToasl, B OCHOBHOM, MO3BONSIOT OLEHMBATL HOPMbl MaTpuL, C AMaroHanbHbeiM npeobna-
JaHveM unu ceogawmxcs kK Hum (M-matpuupl). MpeanoxkeH noaxon, NO3BOMAOLWMIA ycTaHABNMBATL OLEHKU ANS
Gornee LWIMPOKOro Knacca MaTpul. YCTaHOBMNEHb! ABYCTOPOHHNE OLEHKM Max-HopM obpaTHbIX MaTpul Ans MaTpul
MOHOTOHHOIO BWAa U BMNOMHe HeoTpuuaTenbHbIX MaTpul. OLEHKM HOPM UCMOMNb3oBaHbl NPU UCCNEAOoBaHUN CXO-
OVMOCTU NPOLIECCOB UHTEPMNONALMM AN CNNanHOB NATON CTENEHMU.



Bokoe 10.C., Mupownuuenxo B.JI. OLUeHKH HOPM MaTpHIl, OOPaTHBIX K MaTpPUI[AM MOHOTOHHOI'O BHJA M BIIOJIHE HEOTPHIIA-
tenbHbIM MaTpuiiam. CMIK, 2009, 1.50, Ne 6, c. 1248 - 1254.

22. MNony4eHbl OLEHKN YCTOMUYMBOCTU ONA pelleHun 3agaydy naeHtudumkaumm koadpdpuumneHToB cucTeM nu-
HEeWHbIX Pa3HOCTHbIX YPaBHEHUM.

(C.H.C., K.(b.-M.H. A.A.JTOMOB)

B umkne pabot uccnegyetcs 3agada naeHTudukaunm MaTpmdHbiX KOSMPULNEHTOB CUCTEMbI NIMHENHBIX Pa3HOCT-
HbIX ypaBHeHu. MaTpuuHble KO3ULMEHTbI oNpeaensitoTcs Takum obpasom, YyTobbl peLleHnss cuctemMbl Hambo-
fiee TOYHO annpPoOKCMMMPOBANM 3adaHHble BEKTOpbl HabnogeHms. XopoLwo M3BECTHO, YTO peLleHus 3adad uaeH-
Tudmkaumm obnagarT BbICOKON YyBCTBMTENBHOCTBIO K BO3MYLLEHMAM BEKTOPOB HabnogeHns. OgHako npobnema
NOMy4YeHnst anpuMOpPHbIX OLLEHOK, XapaKTepM3YHLLMX MOrpeLHOCTb naeHTudmkaumm ko3 dUNEHTOB Pa3HOCTHbIX
YPaBHEHWUI, OCTaeTCst OTKPLITON. [py HEKOTOPLIX MNPeAnonoxeHus B pabotax BnepBble y4anocb NOny4yuTb anpu-
OpPHbIE OLIEHKW, XapaKTepu3sylowue fnokanbHyH YCTOMYMBOCTb PELUEHUR 3a4avv MOEHTUMKAUUM OTHOCUTENBHO
MasnbiX BO3MYLLEHMI BEKTOPOB HabmogeHns. PesynbTatel 0600LWeHbl Ha Krnacc 3agay uaeHTudmkauum ansa cuc-
TEM Pa3HOCTHbIX YPaBHEHWI B TEOPUU YPaBeHns.

Jlomoe A.A. O KOIMYECTBEHHOM alpHOPHOM IOKa3arene WASHTU(DHUINPYEMOCTH MapaMeTpoB JIMHEHHO# cuctemsl // Tpysl
VIII MexnynapoaHoit koudepenunu «Mnentudukanus cucreM U 3anaun ynpasieHus» SICPRO'09 (Mocksa, 26-30 siHBaps
2009 r.) M.: UITY um. B.A.TpanesaukoBa PAH, 2009. C. 479-491.

Jlomos A.A. O noKansHOW YCTOWYMBOCTH B 3ajaue MICHTH(PHUKAINN KOA((PHUIMESHTOB JHHEHHOTO pa3HOCTHOTO ypaBHEHUS //
Bectauk HI'Y. Cepus: Maremaruka, mexaanka, nHpopmatrka. 2010. T. 10, Bemm. 4. C. 81-103.

Jlomos A.A. YHpaBiseMocTs CyMMapHBIX JTHHEHHBIX cucteM // CuOupckuil sxypHan uHIycTpuaiabHoii Matematuku. 2010. T.
13, Ne 2. C. 79-84.

Jlomog A.A. O KOIM4eCTBEHHBIX allPHOPHBIX MMOKA3aTENIX HACHTHOUIUPYEMOCTH KOI((MUINEHTOB JTMHEHHBIX JUHAMUYECKHX
cucreMm // zBectust PAH. Teopus u cucremsl ynpasnenus. 2011. Ne 1. C. 3-15.

23. WUsyyeHa mopenb obMeHa ¢ APOOHO-NUHENHBLIMU PYHKUUAMU NPEANOYTEHUSA Y YHaCTHUKOB. MonyyeHbl
yCrnoBUSA CyLLEeCTBOBaHMUA CTPOroro paBHOBECUSI U paBHOBECUS B Crlabom cMbIcne (QonycKaeTcs YacTuuy-
Has BOCTpeObOBaHHOCTL TOBapoB). [inA mopenu ¢ puKkcupoBaHHbIMKU OromKeTamMu paspaboTaH anroputm
noucka paBHOBECUN, COCTOSILLUMA M3 KOHEYHOro 4YMcra LaroB MpU eCTECTBEHHbIX NMPeAnOSfIOXEeHUAX Ha
CTapTOBOE COCTOSHME.

(3aB.1aboparopueii, 1.¢.-m.1. B.1.11IMbIpEB)

B opoGHo-nuHeHon mogenn obmeHa paBHOBECKE B KITACCMYECKOM OMNpeaeneHnn MOXET U He CyLleCTBOBaTb, M
npun H€O6peMeHVITeJ'IbeIX npeanonoXeHnax OoKa3blBaeTCA CylleCTBOBaHME pPaBHOBECHbIX COCTOSIHUI B Oonee
obwem cmeicne - "free disposal-equilibrium". UccnegosaHne Bonpoca onvpaeTcs Ha obLyo TeopeMy AN mogenmu
Oppoy-LOebpe ¢ ncnonb3oBaHneM cneundukn mogenu. NprBeaeHO NPOCTOE YCOBUE CYLLECTBOBaHWUS paBHOBE-
CUsi B CTPOroMm cmbicre. Pa3paboTaHHbIi anropuTM YUCIIEHHOMO OTbICKAHWS PaBHOBECHOTO COCTOSIHUA SIBMSIETCS
AanbHenWnM pasBuMTUEM OpPUrMHANBLHOMO NOAXoAa, NPEANOXEeHHOro aBTOPOM paHee ANsS KNacCU4Yeckon Moaenmu
obmeHa. B oTnnune oT TpaguMLMOHHOTO B3rMsAa Ha paBHOBECUE, OCHOBAHHOIO Ha paccMOTpeHUn pyHKUMM 13bbl-
TOYHOrO cnpoca, 3TOT noaxos 6asnpyeTcs Ha PacCMOTPEHUM HEKOTOPOrO NOAMHOXECTBA CTPYKTYP 3aKyrnok ToBa-
poOB y4acTHMKaMW MoAenu NofoGHO TOMY, Kak CUMMIEKC-MeToA B NIMHEMHOM MporpammupoBaHum 6asvpyeTcs Ha
paccMoTpeHUM 6a3ncHbIX MHOXeCTB. Kaxxaon Takol CTpYKType COMnocTaBnseTcs Ba MHOXECTBA LieH, - 30HYy Nnpea-
NOYTUTENBHOCTU CTPYKTYPbI 1 30HY ee cbanaHcupoBaHHOCTU. OCOBEHHOCTE paccMaTpuBaEeMbIX MOLENEN B TOM,
4YTO BBOOVMMbIEe MHOXeCTBa ABIAIOTCA MHOIOrpaHHbIMU n 06pa3yr0T ABa nonuagparnbHbIX KOMMNJIEKCa B D,BOI7ICTBeH—
HoCTU. PaBHOBECHOE COCTOSIHME XapaKTepuayeTcs CTPYKTYPOW, ANst KOTOPOW OTBevarolime Apyr Apyry Nonuaapbl
UMEIOT HenycToe nepeceyveHne. TO HOBbIV Kracc 3agay KOMMIEMEHTApPHOCTU - 3a4aym NonuaapanbHON KoMnne-
MeHTapHOCTM. OH sIBNSIETCS1 €CTECTBEHHbLIM PacLUMPEHMEM M3BECTHOrO Krnacca 3afayv NUHENHOW KOMMNeMeHTap-
HocTU. Bo3HukatoLee npy 3TOM TOYEYHO-MHOXECTBEHHOE OTOOpaxxeHe obrnagaeT HEKOTOPbIM CBOMCTBOM crnabom
MOHOTOHHOCTW, XapaKTePHbLIM AN 3aay NMHEWHON KOMMNEMEHTAPHOCTU C NOSNOXUTENBHBLIMU MaBHLIMU MUHOpPa-
MU MaTpuLbl KOSPPULMEHTOB 3a4aun.

Onsa nuHeliHbIX Mofene obMeHa ¢ (hMKCMPOBaHHBLIMU GlogKeTamu yNnoMsiHyToe oTobpaxeHWe okasbiBaeTcs B OnN-
peneneHHOM CMbICe MoTeHLManbHbIM. W XoTsa 3TO yXke He uMeeT MecTa Anst APOBHO-NUHENHBLIX MoAenen, HO Mo-
HOTOHHOCTb OTODBpaXeHWs1 COXpaHsieTCcsl, YTO U Mo3BonsieT 060CHOBaTb KOHEYHOCTb MpeanaraemMoro anroputma
OTbICKaHUA paBHOBECUA.

HImvipes B.U. [lpobHO-nuHelHas Monienb ooMeHa. Yacte 1: CymecTBoBaHUE U MPU3HAK paBHOBeCHS // JIMCKpETHBIN aHAN3 U
uccienoBanue onepaiuii. 2010. Tom 17, Nel. C. 75-96.

UImvipes B. M. JlpoGHO-MHEHAsS Moienb oOMeHa. YacTs 2: MeTo BCTPEUHBIX TPAeKTOPHN I MOJIENH ¢ QUKCHPOBAHHBIMU
oromxeramu // JluckpeTHbIi aHanu3 U uccienosanue omnepanuii. 2010. Tom 17, Ne2. C. 79-96.



24. [okasaHo, YTO ecnu u3 runepkyba yaanutb He 6oryee 4YeM NO OAHOMY pebpy U3 Kaxaowu 4-rpaHu, TO
no6oe pasbuMeHne BeplMH runepkyba Ha napbl JOCTpauBaeTCA C MOMOLLbLIK OCTaBLUMXCA pebep Ao ra-
MUNIbTOHOBA LMKNa.

(C.u.c., k.¢0.-M.H ®on-/{ep-Dmaacc)

Ibx. ®uHK gokasan, 4YTto BCsAKMA 1-chakTop B MOSHOM rpade Ha MHOXEeCTBe BepLUMH runepkyba Q, MoxeT 6biTb
pacwmpeH ao uunkna gobasneHnem HekoTopbix pebep aToro runepkyba. [lokasaHo, 4To Ans n>3 HekoTopble pebpa
Qn MoryT 6biTb yaaneHsl 6e3 NoTepn ykazaHHOro CBOWCTBA. Takke NONyYeHbl HWXKHAS 1 BEPXHAS OLEHKM Ha Mu-
HUManbHoe Yncno pebep 2 n-BepLUIMHHOIO rpada, obnagatowero 3aTUM CBOMCTBOM.

Fon-Der-Flaass D.G. Extending pairings to Hamiltonian cycles // Sib. Elektron. Mat. Izv., 2010, 7, 115--118.

25. TMony4eHbl TOYHble BepXHUEe OLIeHKU Yucna pasfnyHbIX WApoOB 3aAaHHOro paguyca B rpadax ¢ uk-
CUPOBaHHbIMU YUCNOM BepLlUMH U gnameTpom. C TOYHOCTLIO A0 UM3oMopduama onucaHbl Bce rpadbl 3a-
AaHHOro gnameTpa c NnokanbHbIM pa3HOO6Gpa3ueM LWapoB U HAMMEHbLUUM YUCITIOM BEpPLUUH.

(C.u.c., k.¢.-m.H. Demopsiera T.I.)

MonyyeHbl TOYHbIE BEPXHUE OLEHKN YnCna pasnuyHbIX LWapoB 3ajaHHOro paguyca B rpadax ¢ UKCMpOBaHHLIMU
YNCMNOM BEPLUMH U AMameTpoM. Takum obpas3om, MOMHOCTLIO pelleHa 3agaya 0 HanbonbliemM U HauMeHbLLIEM YUC-
ne wapoB 3a4aHHOro pagmyca Ans MeTpMyYeckux NpocTpaHCTB rpadpoB PUKCMPOBaHHOIO "obbema".

WcecnepoBaHbl n-BeplunHHbIe rpadbl agnameTtpa d ¢ nokanbHbIM t-pasHoobpasnem Wwapos, T.e. rpadbl, MMeLme n
pa3nuuHbIX WapoB paauyca i anga moboro i<t. [nsa Takmx rpadoB HavgeHa HWKHAS OLeHKa ANS Yucna BepLUuH,
onpegensiemas yepes napametpbl d un t. C TOYHOCTBIO A0 U3oMopdmama onncaHel Bce rpadbl AgvameTpa d ¢ no-
KanbHbIM t-pa3Hoobpasmem WapoB U HaMMEHbLLMM YMCIIOM BEPLLMH.

@Dedopsesa T.M. TouHbIe BepXHUE ONECHKM YUCJA PA3IMYHBIX MAPOB 3aJaHHOTO paguyca B rpadax ¢ puKcHpoBaHHBIMH YHC-
JIOM BepLIMH u auametpoM // Jluckper. aHanu3 u uccnen. onepauuii. 2009. T.16, Ne 6. C.86-104.

@Deoopsesa T.M. O rpadax ¢ 3aTaHHBIMU AUAMETPOM, YHUCIIOM BEPIIHMH U JIOKATBHBIM pa3HooOpa3ueM 1apoB // JIuckper. aHa-
i3 u uccned. onepanuit. 2010. T.17, Ne 1. C.65-74.

26. MpepnoxeH 3pPeKTUBHbLIN NPUONMKEHHbIN anNnropuTM pelleHUs 3agadym KOMMUBOSXKepPa Ha MaKCUMYM
B KOHEYHOMEPHOM HOPMMPOBAHHOM MPOCTPAHCTBE, U ANIA Hero noJjiyyeHbl YCIIOBUS aCUMIMTOTUYECKOMN
TOYHOCTMH.

(C.n.c., k.0.-m.H. lllenmaitep B.B.)

3agava KOMMUBOSDKEPA Ha MakCUMYyM 3aKroyaeTcs B OTbICKAHWUM ramMunbTOHOBA LMKIA MakCUMMarbHOro Beca B
HeKoTopoM B3BelleHHOM rpade. PaccmatpmBaeTca reoMeTpudeckun BapuaHT 3afdayv, B KOTOPOM BepLluMHamMu
rpacga sBnASTCA TOYKM B KOHEYHOMEPHOM HOPMUPOBAHHOM MPOCTPAHCTBE, @ BecamMu Oyr — pacCTOAHUA MexXay
HUMW OTHOCUTENBHO HEKOTOPOM 3afaHHOM HopMmbl. 3agada NP-TpyaHa yxe B criydyae TPeXMepHOro eBKMMAOBOMo
npocTpaHcTBa. [na peleHnsa 3agayn npeactaBneH MpUOnKEHHbI anropuTM € OTHOCUTENBHOM MOrPeLHOCThIO,
CTPEMSLLENCS K HYM0 C POCTOM Yucna BEPLUUH B Criydae, Korga pasmMepHOCTb NpoCcTpaHcTBa hukcupoBaHa. Anro-
putm aBnsetca obobleHnem nssectHoro anroputma A.M.CeparokoBa angd 3agadvm KOMMUBOsSDKEpPA Ha rpadax B
MHOrOMEPHOM €BKMMAOBOM NPOCTPaHCTBE.

Llenmatiep B.B. ACUMIITOTUYECKM TOYHBIM alrOpUTM JUIsl PELLIEHUS 3a/layd KOMMUBOSDKEpa Ha MAaKCUMYM B KOHEYHOMEPHOM
HOPMHPOBAHHOM TIPOCTpaHCTBE // JIUCKPETHBIN aHamu3 1 uccienoBanue omnepanuii. 2010. Tom 17. Ne 4. C. 84-91.

27. W3y4yeHbl gUHaMuyeckue CBOMCTBa, MHAYLMPOBaHHbIe KBAHTOBbIMU 3cphpeKkTamu, B LUMPOKOM Kracce
TpPEXMepHbIX (2+1) cynepKanMbpoBOYHbLIX TEOPUNA C PaCLUMPEHHbLIM YUCNOM cynepcuMMeTpui. YcTaHOB-
JIeHO, YTO OHM BaXHbl AN onucaHus cteneHen ceo6oabl M2 GpaH.

(C.n.c., k.¢.-m.H. H.I'.IlneTHéR)

®u3nka B 2+1 pa3amepHOCTAX obrnagaeT MHOTMMMW HEOXUOAHHLIMW CBOMCTBaMM, Kak Afs TEOPEeTUYECcKOoMW, TakK U
9KCMEePUMEHTamNbHOW MNpakTukM. IT0 ODOyCcrnoBneHo TemM OOCTOATENbCTBOM, YTO 34€eChb CyLeCTBYeT HOBbIA TuM
Chern-Simons kanubpoBOYHbLIX MOAENEN TEOPUU MOSS, U3BECTHbIA KaKk MHCTPYMEHT AN NocTpoeHust skein- cooT-
HOLLEHWI B TEOPUW Y3MOB, a Takke Ans OnNncaHns HEKOTOPbLIX SIBNEHUI KOHAEHCUPOBAHHOIO COCTOSHWS BELLECTBA,
TakMx Kak KBaHTOBbIM adpdhekT Xonna, BbICOKOTEMMEepaTypHas CBEXMPOBOAMMOCTbL U Ap. HeaaBHWIA BCNNeKC UHTe-
peca k 3d cynepkannbpoBOYHbIM TEOPUSM C PaCLUMPEHHbIM YACIIOM CyNnepcMMMETPUA MOTUBMPOBAH KOHCTPYKLN-
el cynepKoH(OPMHbIX TEOPETMKO-MONEBbIX MoAeNen onucbiBaloWmMx cTeneHn csoboabl M2 6paH. Mbl n3yyaem
OVHaMn4eckne CBONCTBA B LUMPOKOM Kriacce Takux Mogenemn, MHAYLMPOBaHHbIE KBAHTOBLIMW adhdeKkTamu.

I.L. Buchbinder, N.G. Pletnev, I1.B. Samsonov, Effective action of three-dimensional extended supersymmetric matter on gauge
superfield background, JHEP 1004:124, 2010.
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