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1. Ona cepun MHOro4sieHoB nNpoBeageHoO siBHO€ BblYUCIieHUe UX cenapaHT, 4YTO NO3BOJINIO OAAaTb HOBbLIE
6onee npocTblie AOoKa3aTelibCTBa HeAaBHUM BaXXHbIM pe3yrnbTaTam P.Epayl-la n C.XaH,D,Y)KM.

(Coetnuk PAH, akagemuk FO.JI.EpmioB)
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2. YctaHOBMeHbl COOTHOLUEHUSA MeXay OCHOBHbIMM cBOMCTBaMn O0O6OOLWEHHOW BbIYMCIIMMOCTU Ha aony-
CTUMbIX MHOXeCTBaX, cnpaBeanIMBbiIMU B KNnacCU4eCKoOM cliy4vae. [JokasaHa Teopema o HEeNnoABWXHOW TOM-
Ke onepaTtopa CKa4kKa.

(C.u.c., k.0.-m.1. B.I'.ITy3apeHko)

[lna knaccmyeckom BbIYUCIIMMOCTY Had HaTypanbHbIMU YMcnamu cripaBeaniMB psig obLmMX CBOWCTB (UIKM NPUHLK-
MoB), TaKMX, Kak CyLLECTBOBaHWE YHMBEPCANIbHOW BbIYUCIIUMOWN (DYHKLNMW, NPUHLMN PeayKUMK, NPpUHUMN YHUGOp-
Mu3auuKn 1 T.M., YacTb U3 KOTOPbIX Bnepeble Obina copmMynMpoBaHa B AECKPUNTUBHHOM Teopuu MHoXecTB. He
BCerga aTu CBOWCTBA BbINOMHEHbI Anst Curma-onpeaenvMmocTy, SBnsoLwencs ogHMM M3 o606LeHnI NOHATMS Bbl-
YUCITIMMOCTM Ha NPOW3BONbHbIE CTPYKTYpbl. OTO HabnogaeTca Aaxe B 4YacTHOM crnyyae, B HacneACTBEHHO-
KOHEYHbIX HaACTpoWKax Hag CTpykTypamu. [1pu 3TOM BbINOMHUMOCTb BbILLEYNOMSAHYTBIX CBOWCTB CYLLECTBEHHO
3aBMCUT OT CTPYKTYpPbI, NOPOXAAIOLWeN Takylo HaaCTponKy. [ina AaHHOW CTPYKTypbl OOHWM CBOWMCTBA MOrYT BbINOII-
HATbCS, a gpyrve HeT. 3aBepLueHO hOPMUPOBAHME MOMHOM KapTUHbI BO3MOXHbIX 3aBUCUMOCTEN MeXAy Takumu
ceonctBamu. BOnbLIasa n HeTpuBManeHasa YacTb pe3ynbTaToB, M3 KOTOPbLIX criegyeT HanMune unum OTCyTCTBUE UM-
nnukaumi mexay cesoncteamu, bbina gokasaHa B.I.[My3apeHko.

B knaccuyeckom BbIYMCIIMMOCTM XOPOLLO U3BECTHO MOHSATUE CKadka, - onepauumn, CTPOro YBennMUnBaroLLEN TbIOPUH-
roBy CMNOXHOCTb 00bekTa. B crniyyae BbIMMCIMMOCTU Ha AOMYCTUMbIX MHOXECTBax ANs BBeAEHHOro paHee 00606-
LLIEHMST MOHATUSA CKayvka NokKa3aHo, YTO 3[4eCb CKA4YOK MOXET YK€ U He NPUBOAUTL K YBENUYEHUIO CIOXHOCTU. OTOT
pe3ynbTaT sBNseTcs 6onee CUibHbIM U OOLLMM, YeM MONyYeHHbIE HE3AaBUCMMO aHarnoruyHble pesynbtaTtel Opua-
MaHa n MoHTanbaHa.

Ilyszapenxo B.I". - JleCKpUIITHBHBIC CBOMCTBA Ha TOMYCTUMBIX MHOXKECTBax // Anredpa u noruka, 2010, T. 49, No. 2, 238-262
Iyszapenxo B.I". - HenoaBrKHBIE TOUKH oneparopa ckauka // Anredpa u joruka, 2011, 50, 5.

3. MocTpoeHa knaccudmkaums paclmpeHmnii nornku MoxaHcoHa co cnabbiM MHTEPNONSLMOHHBLIM CBOW-
CTBOM U yKa3aH anropuTM ero pacrnosHaBaHus. [lokazaHa pa3pemMMoCTb CBOMCTBA COBMECTHOMN HEeNpoTu-
BOPEYMBOCTU HaA 3TOM JIOTMKOM U crlabon amanbraMmmpyeMmocTu B MHOroobpasusax anreé6p MoxaHcoHa.

(Tn.u.c., 1.¢p.-m.1. JLJT.MakcumoBa)

Peluena npobnema crnaboit UHTEPNONALWUK Hag MUHUMarbHO norukoit J MoxaHcoHa. M3BecTHo, YTo cpeam cy-
NEPUHTYULMOHUCTCKMUX NOMMK MMEETCH NULLIb KOHEYHOE YMUCIIO NMOTMK C MHTEPNOonsaUMOHHbIM cBoncTBoM Kpeira CIP
N C NPOeKTMBHbIM cBoVcTBOM Beta PBP. HanpoTtus, BCce CynepuHTYMLMOHUCTCKME normkm obnagatot cnabbiM uH-
TepnonaunoHHsiM ceoncteom WIP.

KapTunHa cyLliecTBeHHO MEHSIeTCs NMpu nepexoe Kk 6onee LWMPOKOMY CEMENCTBY pacLUMPEHUA MUHUMATBHOW NOru-
ku J MoxaHcoHa. MHoxecTBo J-noruk 6e3 WIP n MHoxecTBo nornk ¢ WIP 06a KoHTUHyanbHbl. [ocTpoeHa knaccu-
curKaLma pacLUIMPEHNI MUHUMAnbHOI Nornkn loxaHcoHa J co cnabbiM MHTepnonsumoHHLIM ceocTeom WIP.
[okaszaHa paspelumMocTb npobrnembl cnabon MHTepnonsAuMM B pacMpPeHUsX MUHMManbHOW nornkn. OgHoBpe-
MEHHO [oKa3aHa pa3peLunMOCTb CBOMCTBA COBMECTHOW HEMPOTUBOPEYMBOCTU Hag J 1 criaboi amansrammpyemo-
CTU B MHOroo6pasusix anrebp MoxaHcoHa.

PesynbTtat umeeT npuHUUnuaneHoe 3HadeHue Ans AanbHenWwnx uccrnefoBaHuin. B yacTHOCTW, ero npumMeHeHue
No3BONINIIO HAUTW ncyepnbiBatowee onncaHue nornk ¢ CIP n PBP u gokasaTb paspelunmmMocTb 3TUX CBOMCTB Hag
norukon Gl, nony4eHHol fgobasneHnem k J 3akoHa UCKIMHOYEHHOIO TPETLETO.

JLJI. Maxcumoga. Pa3zpemmMocTh €1ab0oro MHTEPHOJISIIHOHHOTO CBOWCTBA HAJ MUHHUMAJIBHOHN JIOTMKOW. Ayrebpa W JIOTHKA,
T.50, no. 2 (2011), 152-188.
L.Maksimova. Interpolation and Definability over the Logic Gl. Studia Logica, Vol. 99, no. 1 (2011), 249-267.

4. Tlony4yeHo onucaHue LieHTpPa yHUBepcanbHOW O06EpThiBaloLWwen NofynpocTon KOHeYHOMepHon anrebpbl
ManbueBa Hapg NosieM XapakTepPUCTUKU HOMb U CeMUMEpPHOW npocTom anre6pbl ManbueBa Hap nonem xa-
PaKTepPUCTUKN He 2,3.

(Tn.n.c., n.¢p.-m.H. B.H.XKensn6un, ri.u.c., 1.¢.-m.H. UL.I1.1IHIectakoB coBmectHO ¢ X.Ilepec-Uckyapao (Mcnanus))



YHuBepcanbHble 06EpThiBalOWME accoumaTuBHble anrebpbl ons anredp Jlu urpaloT BaxHyH pofb B U3y4YeHUU
npeactaeneHnn anrebp Jln. CTpykTypa yHuBepcanbHOW 0OEpThiBaoLen anredpbl ONUCLIBAETCS KNacCU4eckomn
Teopemol NyaHkape-bupkroda-ButTa, cornacHo koTopon rpagyvpoBaHHasi anrebpa yHuBepcanbHon 00EpThiBa-
oLen n3omopdHa KonbLy MHorouneHoB. Anrebpbl ManbueBa sBngaTca bonee obwmm knaccom, Yem anrebpebl
Jln, BBegéHHbIM Onga nccnegoBaHns anrebpandeckux nyn. AccoumaTtmBHble anrebpbl NO OTHOLWLEHMIO K anrebpam
JIn nopgobHbI anbTepHaTUBHBLIM anredbpam no oTHoweHuo K anrebpam Manbuesa. OgHako aHanor Teopembl NyaH-
kape-bupkroga-Butta okasbiBaeTca BeEpeH He AN anbTepHaTuBHbIX, a Ans 6onee obuiero knacca ob6épTbiBato-
wmx, noctpoeHHoro W.IN. WectakosbiM u X. MNMepec-Uckyapao B 2004 r.: 3geck anrebpa ManbueBa BknaabiBaeTcs
B 0606LLEHHBIN anbTepHaTUBHBIN LIEHTP HEKOTOPOM HeaccoumaTmBHowm anrebpel. MHOrMe cBoncTBa yHMBepcarnb-
HbIX OBEPThIBAKOLNX B yKa3aHHOM CMbICMe OKasanucb NoAoOHbI CBOMCTBAM YHMBEPCAlbHbIX aCCOLMAaTUBHBIX
o6épTbiBatownx anga anrebp Jin. Hanpumep, XopoLlo M3BECTHO, YTO LEHTP YHUBEpCanbHOM 06EépThiBatoLLEln acco-
unatmMBHOM anrebpbl ANS NOMynpocTon KOHeYHOMEepHoW anrebpbl JIn Hag nonem xapakTepUCTUKK HyMb SBMASETCS
KONMbLIOM MHOFOY/IEHOB OT KOHEYHOro Yncna nepemeHHbIX. [peactaBneHHbl pedynbtaTt obobaeTt aTo yTBEepxae-
Hue ang knacca anrebp ManbueBa B HyneBown xapaktepuctuke (B.H. XXensbuH, W.I. LWectakos, 2007) n gns
€[VHCTBEHHOM npocTon HenveBol anrebpbl ManbueBa B xapaktepuctuke p>3 (J.M. Perez-lzquierdo, I.P.
Shestakov, 2010).

B.H. XKensbun, U.Il. Illecmaxos, Teopembr Illepamie u Kocranra mist anredp ManbiieBa, Anredpa u soruka, 2007, Tom 46,
Ne5, 560-584.

J.M. Perez-Izquierdo, I.P. Shestakov, On the center of the universal enveloping algebra of the central simple non-Lie Malcev
algebras in characteristic p. Proceedings of Jordan Structures in Algebra and Analysis Meeting, 227-242, Editorial Circulo
Rojo, Almeria, 2010.

5. [dokasaHo, 4To KOH(popMHasa anre6pa JIu KOHeYHOro TMna ¢ oTWenALUMCA pa3peMMbIM paguKa-
nom, He cogepxalliasa aneMeHToB Bupacopo, BknagbiBaeTcsi B KOH(hOpMHylo anre6py netenb Hag KOHeu-
HOoMepHoM anrebpon Jlu n, cnegoBaTtenbHO, UMeeT TOYHOe NpeacTaBrieHne KOHeYHOro Tuna.

(3aB.naboparopueit, a.¢.-m.H. [1.C. KonecHukos)

KoHdopmHble anrebpbl (B..Kau, 1996) npencrtasnsatwT cobon anrebpanyeckme CUCTEMbI, BO3HUKAKOLLME MpU
dhopmanu3aumm CBONCTB KOI(PMULNEHTOB CUHIYNISIPHON YacTu ONepaToOpPHOro pasnoXeHus npousseneHuin nonem
(operator product expansion, OPE) B agBymepHon koHdopMmHOW Teopumn nonsi. C anrebpanyeckon TOUKU 3peHus,
KOHOPMHbIe anrebpbl — 3TO NMHENHbIE NPOCTPAHCTBA HaA Nornem kK XxapakTepucTUKM Hyrb, CHABXEHHbIE YHapHOM
nuHenHon onepaumen D n "MHoOrosHayHon" BGUNUHENHOW onepauunen, NPUHMMAaloOLWEN Ha MNObIX ABYX dneMeHTax
KOHEYHOE YMCII0 3HaYEeHUN.

Haunbonee nHTepeceH cny4vanm KOHPOPMHbIX anrebp KOHeYHOro TMna, B KOTOPbIX MMEETCA KOHEYHOE YMCHO Monen,
N koappuLmeHTsl cuHrynsapHon Yactn OPE 3aBUCAT TOMbKO OT 3TUX Nnoren u nx npoussogHbix. Takne KoHpop M-
Hble anrebpbl ABNSATCA aHanoramm obbl4HBIX KOHEYHOMEPHBIX anrebp.

OfHUM U3 OTKPbITBIX BOMPOCOB TeOpUM KOH(OPMHbIX anrebp ABnsieTca cnegylowmn: Broxuma nu nwobas KoH-
dopmHas anrebpa JIn kKOHeYHOro Tuna B accouMaTUBHYHO KOHOPMHYO anrebpy? bea ycnoBusi KOHEYHOCTM OTBET
Ha 3TOT Bonpoc oTpuuatensHein (M.PoiTtmaH, 2000). Mbl paccmaTtpuBaem 6oree CrnoXHbI BONPOC, OTBET Ha KO-
TOpbIN No3BoNun Bbl CBECTU U3ydYeHNE BEPTEKCHbIX anrebp ¢ KOHEYHbIM YMCITOM NOPOXKAAIOLLMX NOMNEN K U3y4eHuto
anrebp maTtpuy Hag KOMbLOM MHOFOYNEeHOB: MMeeT nn KoHdopmHasa anrebpa Jln KoHe4Horo Tvna TOYHOe npea-
cTaBrieHue koHe4vHoro Tuna? Jliobas koHdopMHaa anrebpa netenb Hag KOHeYHOMepHon anrebpown Jin nmeet Ta-
KOe npeacTaBneHne B cuny krnaccudeckon teopemsl Ago. M.Poitman (2005) nokasan, 4to OTBET NOSTOXMUTENbHbIN
AN HUNbMOTEHTHOW KOHOpMHOW anrebpbl. Mbl oka3biBaeMm, 4To ntobas koHdopmHas anrebpa Jlu, paspelnmbli
paavkan KoTopow OTLENNSeTca U NoMynpocTas YyacTb nNpeacTtaenset cobon anrebpy netenb Hag oObIYHOM MOMy-
npocton anredpon Jln (T.e. He cogepxut anemeHToB Bupacopo), BknagbiBaeTcsa B KOHGOpMyto anrebpy netenb
HaZ koHeYHoMepHow anrebpoi Iln n, cnegoBaTenbHO, UMEET TOYHOE NPEeACTaBEHNE KOHEYHOTO TUNa.

P.S. Kolesnikov, On finite representations of conformal algebras J. Algebra, 331 (2011), 169-193.

6. 3aBeplieHa KnaccuduKaumsi KOHEeYHbIX NPOCTLIX rpynn, HaGop NOPAAKOB 3IEMEHTOB (CNEeKTP) KoTo-
pbIX coBnagaeT CO CMEeKTPOM HEKOTOpOW paspelunmoi rpynnbl. MocTpoeH nepsbIil NnpuMep KOHEYHOM Npo-
CTOW rpynnbl CO CBA3HLIM rpachoM MPOCTLIX YMCen, OOHO3HAYHO onpedenseMoi No aTomy rpady cpeam
BCeX KOHEYHbIX rpynnm.

(B.u.c., 1.¢p.-M.H. A.B.3aBapHuiiiH)

CneKkTpom koHeuyHoM rpynnbl G HasbiBAETCSH MHOXECTBO HaTyparbHbIX YACEN N Takux, YTo B G HangeéTcst anemeHT
nopsigka n. Mpynnbl ¢ 04MHAKOBBLIM CMEKTPOM Ha3blBalOTCA U30CMeKTpanbHbIMKU. M3BeCTHO, YTO npobnema knaccu-
duKauum NpocTbiXx HeabeneBbIX rpynmn, M3oCneKTpanbHbIX HEKOTOPOW paspeluMMol rpynne, cBefeHa K BOMpocy
CYLLLeCTBOBaHMNS paspeLlumMmMmoin rpynnbl, M3ocnekTpansHon npocTton rpynne PSp(4,3). MNpeanoxeHa siBHas KOH-
CTPYKUMSt MaTPUYHOM rpynnbl cTenexHn 17, onpeaenéHHOM Hag nonemM u3 TpEX aEMEHTOB, KOTopas MMeeT NopsaoK
5648590729620, ABnsieTcs1 pa3peLLmMOon 1 CNEeKTP KOTOPON coBnagaeT co cnektpom PSp(4,3).



Npadom npocTbix Yncen koHevHon rpynnbl G HasbiBaeTcs rpad (G), BepluMHaAMK KOTOPOro SIBNATCHA NPOCThle
genvtenu nopsigka G, B KOTOPOM ABa pasfiMyHbIX MPOCTbIX YMCHa p U  CoeAMHeHbl pebpom Toraa u TonbKo Toraa,
korgaa B G Hangértca anemeHT nopsaka pq. Npynna G HasbiBaeTcsi pacnosHaBaemomn (nNo rpadpy), ecnv ans npouns-
BOsbHOM rpynnbl H paBeHCTBO rpacoB ¢ oTMeyveHHbIMKU BeplumHamm [(G)=I(H) Bne4yét nsomopdcpumam rpynn G n H.
MprMepamn pacnosHaBaeMblx rpynn sIBASIOTCA cnopaguyveckme npocTble rpynnel J1, J4, M22, M23, M24, Co2 un
UckIntounTenbHble rpynnbl nnea Tnuna G2(7), 2G2(q), g>3. Bce Ao cux nop M3BECTHble pacno3HaBaeMble rpynmnbl
obnaganu HecBA3HbIM rpacdhoM MpocTbix Yncen. Micnone3ys Teopuio NpeacTaBneHnn anrebpanyeckmx rpynm, goka-
3aHo, 4To npocTtas rpynna PSL(16,2), koTopas nmeeT CBA3HbIN rpady, ABMASETCS pacno3HaBaeMomn.

A.B.3asapruyun, PaspermmMas rpymma, usocnektpanbhas rpymmne S(4,3) // Cub. Matem. XKypn. 2010. T. 51, No.1. C. 26-31.
A.V.Zavarnitsine, Uniqueness of the prime graph of L(16,2) // Sib. Elect. Math. Reports 2010. V. 7. P. 119-122.

7. [oka3aHO, YTO HUNLMNOTEHTHasl AfIMHAa KOHEYHOW rpynnbl, Aonyckawuwen ppobeHnycoBy rpynny aBTo-
Mopdh13MOB € AAPOM 6e3 HenoABMXKHbIX TOYEK, COBNagaeT ¢ HUNbLMNOTEHTHOM ANIMHON LeHTpanu3aTopa eé
[OMNOJIHEeHUA.

(B.m.c., 1.¢p.-m.H., E.1.Xyxpo)

Ecnun koHeuHas rpynna G gonyckaeT gpobeHnycoBy rpynny aBtomopguamoB FH ¢ sagpom F 6e3 HenoaBMKHbIX
TOYeK, TO oHa paspelwnma (benses—Xaptnm+CFSG). N3 Teopembl Knuddpopaa BbiTekaeT, UTO BCe anemMeHTapHble
abenesbl FH-nHBapuaHTHbIE cekunn B G sBNat0TCA ¢cBOO6OAHLIMU H-MOoAynaMn — NOSTOMY BO3HMKaeT obLias ru-
notesa, YTo MHOrMe CBOWCTBA rpynnbl G 6nmnskn K COOTBETCTBYIOLWMUM CBONCTBaM LeHTpanusaTtopa C(H). Monyye-
Hbl OrpaHMYeHns Ha NOPSAOK U CEKUMOHHbIN paHr rpynnbl G B TepMuHax |H| 1, cooTBeTCTBEHHO, Nopsaka v paHra
C(H), BbiTekawowme n3 KOrOMOSIOTMYECKOro pesynbTata O TOM, YTO HEMOABWXHble Toudku rpynnel H B FH-
WHBapMaHTHbIX CEKUMSAX HakpblBalTca €€ ueHTpanu3aTopoM B G. Ha ocHoBe Goree CrnoXHOro Mcnosnb3oBaHus
Teopembl Knudpdopaa gokasaHo, YTO HANMLMOTEHTHaA AnvHa G coBnagaeT ¢ HUNbNOTEHTHOW anuHon C(H), ecrin
nopsgkm G u H B3aumHo npoctbl. V3 HunenoteHoctn C(H) nonyveHa H1unbnoteHTHOCTbL G faxe 6e3 ycnosus B3a-
WMHOW NPOCTOTbI NOPSIAKOB.

Xyxpo E. Y. HemoaBm>XHBIE TOYKH JOMOTHEHUN (ppoOeHMYCOBBIX Tpymn aBToMopdmmoB //CMIK, 2010, 1.51, Ne 3, ¢.694-699.
Xyxpo E. M. HunbnioTeHTHAs JJIMHA KOHEYHOMN IPYMIIbI, AOMYCKaIOIIeH ppoOeHIYCOBY Ipymily aBTOMOP(GU3MOB C SapoM 0e3
HETIOABIKHBIX TOYCK // AjnreOpa u soruka, 2010, 1. 49, Ne 6, c. 819-833.

8. [OokasaHo, 4To Kpuctannorpadmuyeckas rpynna ABWXEeHUA NceBAOEBKNUAOBA NMPOCTPaHCTBa OAHO-
3HaYHO 3aAaéT CBOI PeLIETKY TPaHCNAUUIA Kak abcTpakTHas rpynna, ecnu paamepHOCTb MakCUManbHOro
M30TPOMNHOro NoAnpocTpaHcTBa He 6onee AByX. Moka3aHo, YTO ecnu pa3mepHOCTb Gonblie ABYX, TO 3TO,
BOOOLLE rOBOpPS, HEBEPHO.

(C.n.c., k.0.-M.H. B.A.UypkuH)

P.M. Mapunos npeanoxun apeKkTMBHbLIN anredbpanydeckuii MeTod Knaccudmkaumm kpuctannorpadumyeckmx rpynn
OBWXEHWIA eBKNMAOBA MPOCTPAHCTBA, OCHOBAaHHbIVM Ha ocnabneHHoln Teopeme bubepbaxa. OH gokasan e€ aHanor
B cny4vae npocTtpaHcTB MuHKOBCKOro (MHOekc 1) n onmcan Bce rpynnbl HEKOTOPbIX KpucTannorpadgpuyeckmx knac-
COB AN NpocTpaHcTB MMHKOBCKOrO MarblX pasmepHocTen. Ero Bonpoc o cnpaBeanvBoCTM aHarnora ocnabrneHHon
TeopeMbl bubepbaxa B cnyyae Npomn3BOsbHbIX NCEBAOEBKNIMAOBBLIX MPOCTPAHCTB OCTaBarCs HEPELLEHHbIM.

B npegcrtaesneHHon nybnukauum nonyyeHbl cnegylowime pesynbTaTbl:

Teopema 1. Ecnv rpynna noBOpOTOB KpucTannorpadu4eckon rpynnbl ABMKEHWUI NCEBAOEBKNMA0Ba NPOCTPaHCTBA
He codepXXMT HopMarnbHON cBOGoAHOM abeneBon NoArpynmbl KOHEYHOro paHra, 6onblero AByX, KOTOpas AenNCTBY-
€T TOXOEeCTBEHHO Ha noaxofslem M30TPOMHOM NOoANPOCTPAHCTBE M Ha (hakTop-NPOCTpPaHCTBE MO HEMY, TO pe-
WéTKa B TaKon KpucTannorpadu4eckomn rpynne eaUHCTBEHHA.

Teopema 2. Kpuctannorpaduyeckas rpynna OBWKEHUA NCEBOOEBKNNAOBA NPOCTPaAHCTBA MHAEKCA He bonee ABYX
COOEPXKUT €ANHCTBEHHYIO PELUETKY.

Teopema 3. Ecnu nHgekc nceBAoeBKNMAoOBa NPOCTpaHCTBE Gonblue ABYX, TO CYLLECTBYET Kpuctannorpadguyeckas
rpynna gBwXeHui 3Toro NPoCTpaHCTBa, coaepxallasi Mo KpanHen Mepe ABe pasfuyHble PeLéTku, KOTopble MEeHs-
IOTCH MEeCTaMu NOXOAALMM aBTOMOPAU3MOM rpymnmbl.

Ecnun nHgekc paBeH 3 unmn He mMeHee 5, TO 3TK PELIETKM MOXHO BblibpaTth Tak, YToObl KOpaHr uUx nepecevyeHus B
Kaxxgonm Obin paBeH uvHAekcy. Ecnn mnHaekc paBeH 4, TO 3TN PeLETKM MOXHO BblOpaTh Tak, YTobbl KOpaHr ux ne-
peceyveHuns B KaXxgon Obin paBeH 3.

Teopema 4. B kpuctannorpaduyeckon rpynne ABMXEHNA NCEBAOEBKINAOBA NPOCTPAHCTBA C ABYMS Pas3fUYHbIMU
peLléTkamy OOUHAKOBOrO paHra KopaHr Ux nepeceyeHns B Kaxaomn peLlétke MoXeT NpuHnuMaTh nobble HaTypanb-
Hble 3Ha4eHus, kpome vncen 1, 2 n 4.

B.A. Yypxun, Ocnabnennas teopema bubepbaxa juis kpuctamiorpaguyeckux IpyHIl B NCEBIOEBKINIOBBIX IPOCTPAHCTBAX,
Cubupckuit marem. xxypnain, 2010, T. 51, N 3, C. 700-714.



9. [okKasaHbl TeopeMbl 06 3KBMBaJIeHTHOCTU pPa3HbIX onpeAesieHMn KoopAWHaTHOW anrebpbl Aana anre6-
pan4yecknx MHOXECTB CUCTEeM ypaBHEeHUM Hap nbbiMu anre6panyeckMmMu cucTtemMamm, cUrHaTypa KOTo-
pPbIX COAEPXUT Kak anrebpanyeckue onepauum, Tak U npeaukarbl.

(TCm.u.c., 1.¢.-m.H. B.H. Pemecennnkos, k.¢.-M.H. 3.}0.[Janusposa (OOHUM CO PAH))

CdopmynupoBaHHble TeOpeMbl MO3BOMSAOT U3y4aTb MHOXECTBA PELLUEHUA CUCTEM YPaBHEHWUIA N NX KOOPOUHATHbIE
anrebpbl ana nobon anrebpanyeckon cucTeMbl Kak MeTo4aMy Teopun mogenen, Tak u anrebpanvyeckumm n reo-
METPO-TONONIOMMYECKMMU METOAAMMN.

Janusiposa 2.10., Mschuros A.I'., Pemecnennuxos B.H. YHuBepcanbHas anreOpandeckas reometpus // JJAH, 2011, Tom 439,
Ne6, ¢. 730-732.

Daniyarova E., Miasnikov A., Remeslennikov V., Unification theorems in algebraic geometry, Algebra and Discrete Mathemat-
ics, 1 (2008), 80-112.

Daniyarova E., Myasnikov A., Remeslennikov V. Algebraic Geometry Over Algebraic Structures I11: Equationally Noetherian
Property and Compactness, Southeast Asian Bulletin of Mathematics (2011) 35, 35-68.

Hanusaposa 2.10., Macnukos A.I"., Pemecnennuxos B.H. AnreGpanueckas reOMeTpHsi Haj anredpandeckumu cucremamu. 1V,
DKBalMOHAJIBHBIC 001aCTH U KooOmacTu, Anredpa u jJoruka, 49:6 (2010), 715-756.

10. Monyy4eH KpUTepuii CyleCTBOBaHWUS PUMAHOBON MeTPUKK Ha Kpyre, onepatop Oupuxne-Heitmana ko-
TOpOI COBNagaeT ¢ 3apaHee 3a4aHHbIM FIMHENHbIM ONepaToOPOM, AEeMNCTBYIOLUMM Ha OKPYXXHOCTH.

(T.n.c., a.¢p.-m.1. B.A IllapadyTanHoB)

leomeTpuyeckas 3agaya 3MeKTPOMMMNEHOAHCHOW TomMorpadum CocToMT B BOCCTAHOBMEHWM PUMAHOBOW METPUKM
Ha KOMNakTHOM MHOroobpasuu ¢ kpaem Mo 3agaHHOMY Ha Kpato onepartopy Odupuxne-Henmana (OH-onepatopy).
[okasbiBaeTca Teopema CyLLeCTBOBaHMWS, ONMCbIBAIOLLLAa BCe OnepaTopbl Ha OKPYXXHOCTH, KoTopble asnsatoTes [OH-
onepaTopamMu pMMaHOBbIX METPUK Ha Kpyre. Kpome TOro NnpMBOAMNTCA HOBOE 3rieMEeHTapHOe A0oKa3aTenbCTBO Teo-
peMbl eQVHCTBEHHOCTU: pUMaHOBa MeTpuka Ha ABYMEPHOM Kpyre onpegenserca csoum [QH-onepaTtopom ogHo-
3HAYHO, C TOYHOCTbIO 4O KOH(POPMHOWN 3KBUBANEHTHOCTH.

Hlapagymounos B. A. - TeoMeTpudeckas 3aada 3JIeKTPONMIICIaHCHONH ToMorpaduu B kpyre // CHOUPCKIA MaTeMaTHI CCKIHA
xkypaan, 2011, T. 52, H. 1, 223-238.

11. YcTaHOBNEHO, YTO MaKcumanbHoe abenieBO HaKpbiTUe TPEXMEPHOro reomeTpuyeckoro opbuconga
ABNAeTCA MHOrooGpasmem Torga v TONbKO TOrAaa, Korga CUHrynsapHoe NpocTpaHCcTBO opb6udonaa AasnseT-
cA p€6epHO-ABYCBA3HbIM rpacom.

(3aB.1aboparopueit, 1.¢.-m.H. A.J[.Meaubix coBmectHo ¢ P.Wnanero (Yuin))

MpennoxeH HOBbIV METOA ONUCAHWUS MaKCUMarnbHbIX abeneBbiX HaKPbITUA TPEXMEPHBIX FeOMETPUYECKNX opou-
(*)OJ'ID,OB. YcTaHOBIMEHBI HeO6XOLI,I/IMI:Ie N OOCTaTO4Hble YCIOBUA, NMPU KOTOPbIX YKa3aHHOE HaKpbiTUe ABNAETCA
MHoroobpasnemM. 3To MMeeT MecTo B TOYHOCTM Torga, Korga CUHIYNsipHOe NpOCTpaHCTBO opbudonaa sensercs
pébGepHo-ABYCBA3HLIM rpadoM. PaHee, aHanoruyHbIi KpUTepuii Gbin M3BECTEH NMULLL AN MHOrOrpaHHUKOB Kok-
cTepa. XopoLlO N3BECTHO, YTO MakcUMarnbHble abeneBbl HAKPbITUS PUMaHOBLIX MOBEPXHOCTEW SBMSOTCS NUYBUI-
NMBBLIMU MHOrO06Pa3naAMK. TO €CTb, Ha HAX HET HEMOCTOSIHHBIX OFPaHUYEHHBLIX FAPMOHUYECKUX PYHKUMIA. DTO AaET
[OMONHUTENBHYI0 BO3MOXHOCTb MCMNOMb30BaTh annapaTt Teopumn yHKUMIA ANs UccnefoBaHWs TPEXMEPHbLIX MHOMo-
ob6pasun n opbudonaos.

Hoanveo P.A. Meonwvix A.J]. Teomerpuueckue opoudosasl co CBOOOAHBIM OT KpydeHHUs kommyTanToM // Cub. Mar. xypH.,
2010. T.51, Ne 1. C. 48-61.

12. OAna npocTtpaHcTB KapHo-KapaTteomopu, 6a3ncHble BEKTOPHbIE MOMSA KOTOPbIX MPUHaanexar Knaccy
Cc'® >0, noka3aHa TeopeMa [POMOBa O CXOAMMOCTM MacLITaBUPOBAHHbLIX BEKTOPHbLIX MOMEH K HUMbMO-
TEHTU3NPOBaHHbIM, NMOJTy4YeHa JNloKarlbHas annpoKkcMmMaunoHHas Teopema ansi meTpuk KapHo-KapaTeonopm
n Ball-Box Teopema O nokanbHOM OUNUNWIWLEBOW 3KBUBaJNIeHTHOCTU MeTpukn KapHo-Kapateopopu u
«BOKCOBOM» KBAa3UMETPUKMN.

(C.H.c., k.¢.-M.H. M.B.KapmaHoBa)

MonyyeHo npeacTaBneHne 6a3nCHbIX BEKTOPHbLIX MONEeN 4Yepe3 HUMNbMNOTEHTU3MPOBAaHHbIE MONHA, KpOMe TOro,
HangeHa 3aBUCUMOCTb KOS(MMULNEHTOB pasnoXeHnss OT pMMaHoBa PacCTOAHWUS OO0 LEeHTpa foKanbHOW rpynmnbl.
OTOT pesynbTaT MUCMONL30BaH Kak Mpu [okasaTenbCTBe TeopeMbl [pomoBa Anst criyyasi Che-rmagkux 6asncHbIX
BEKTOPHbIX MOSIEN O CXOAUMOCTU MacLUTabMpoBaHHbIX BEKTOPHbIX MOMEN K HUNbNOTEHTU3MPOBAaHHbLIM (Onpeaens-
IOLWMM CTPYKTYpy anrebpbl Jln n rpynnel Jln), Tak n npyn gokasaTenbCTBE NOKaNbHON OMMMNWNLEBON 3KBUBANEHT-

HocTu MeTpukun KapHo — KapaTeogopu n “60kcoBOI” KBa3MMETPUKK, U psiga ApYrMX reoMeTpu4ecknx pesynbTaTos.



Kapmanosa M.F. CXoauMOCTh MacIITA0MPOBAHHBIX BEKTOPHBIX IMOJICH M JIOKAJIbHAS alMpPOKCHMAIMOHHAS TeopeMa Ha Mpo-
crpanctBax Kapuo-Kapareogopu u npunoskerus // Jlokn. AH, 2011, T. 440, No. 6, C. 736-742.

13. ,unﬂ AOCTATOYHO LWMPOKOro Knacca r-rnagkmx 0a3nCHbIX BEKTOPHbIX nonen nony4yeHbl HeobxoauMbie U
AOCTaTO4YHble ycnoBusa AOnsd Toro, 4TOObI HEKOTOopbleé aHU3OTPONHbIe MeTpu4vyeckue dJYHKLIVIVI, nHayumpo-
BaHHbI€ 3TUMUN BEKTOPHLIMU NOJNIAMU, ABNAJNIUCb KBa3MMeTpUKaMn.

(C.H.c, k.¢0.-M.H. A.B.I'perinoB)

HanomHum, uto dyHkuma d:AxA—{R",0}, rae A — HEKOTOPOE MHOXECTBO, Ha3bIBAETCA KBA3UMETPUKON, €CNN:

1) BenuuuHa d(u,v) 6onblie nnbo pasHa 0 (akcuoma HeoTpuuateneHocTu); d(u,v)=0 Toraa n Tonbko Torga, koraa
u=v (akcuoma ToXOecTBa);

2) d(u,v) < ¢, d(v,u) ons HEKOTOPOW KOHCTaHThI C;, HE 3aBUCSILLIEN OT BbibOpa u,v; B criydae, koraa c;=1, roBopsr,
4yTO d YOOBNETBOPSET aKCMOME CUMMETPUYHOCTMY;

3) d(u,v) = ¢, (d(u,w)+d(w,v)) AnNa HEKOTOPOWN KOHCTaHThI C,, HE 3aBUCSLEN OT Bbibopa u,v,w (0600LWEHHOE Hepa-
BEHCTBO TPEYrofbHMKA).

B RV HangeHbl HeobxoaMMble U 4OCTaTOYHblE YCIOBUSA HAa BasnCHble BEKTOPHbIE Nons Xy,...,Xy AOCTAaTOYHON CTe-
NeHn rnagKocTn Anst Toro, Ytobbl MeTpuyeckne pyHKUMM dq(u,v):max{lai|1/“', i=1,...,N}, roe v=exp(a X;+...anXy)(u),
a;=const, 1 roe koopauHaTbl NONoOXmTensHoro N-mepHoro BekTopa a=(dy,...,0y) YNOpPS4o4EHbl NO BO3PACTaHUIO U
Bonblwe nNnbo pasHbl 1, yaoBnetTBopsann 0606LWEHHOMY HEPaBEHCTBY TPEYrofnbHuKa.

I'pewnose A.B. OO0 0000LIEHHOM HEpaBEHCTBE TPEYroJbHUKA JUIi KBAa3UMETPUK, WHIYLUPOBAHHBIX HEKOMMYTHPYIOIIUMH
BEKTOPHBIMU oisiMu // Mar. Tpyner. 2011. T. 14, Ne 1. C. 70-98.

14. YTO4YHEeHbl OLeHKN CKOPOCTU CXOAMMOCTU B 3proanyvecknx teopemax ¢oH HeimaHa v Bupkroda.

(C.n.c., n.¢0.-m.H. A.T".Kauyposckuii, acnupant B.B. Cenanuiies)

[Mony4eHbl OUEHKM CKOPOCTM CXOOUMOCTM B aproamyeckon teopeme ¢boH HenmaHa, BbiTekalowwme M3 acMMnToTu-
YECKOW 3KBMBANEHTHOCTU APYr ApYry CTENEHHOW CKOPOCTM CXOAMMOCTU B 3TOW TeOpeMe, U CTENEHHOW Xe (C Tem
XXe nokasarenem cteneHn) oCobeHHOCTU B Hymne CrneKTpanbHON Mepbl yepeaHAeMon YHKLMU OTHOCUMTENBHO COOT-
BETCTBYIOLLEN AMHAMUYECKOW CUCTEMbl. JTa e CKOPOCTb CXOAMMOCTM OLIEHEHa Takke 4yepes3 KOppensuuoHHble
KoapdbuumeHTbl. OTAENbHO PacCMOTPEHbl BaXHbIE A5 BO3MOXHbIX NPUMOXEHUA YacTHble CryYyan CTEMEHHOW U
3KCMOHEHUMNANbHOW CKOPOCTU YObIBaHUSA KOPPEMSALMOHHBIX KO3 MLMeHTOB. Nony4yeHbl OLEHKM CKOPOCTU CXOau-
MOCTU B aproguyeckon teopeme bupkroda no nM3BecTHOM CKOPOCTM cxoaumocTu B Teopeme ¢oH HenmaHa. Uc-
CrnefoBaHbl KOHCTaHTbI BCEX MOMYYEHHbIX OLLEHOK.

Kauyposckuii A.I"., Cedanuwes B.B. - KoHCTaHTBI OIIGHOK CKOPOCTH CXOJUMOCTH B IPTOIUIECKUX Teopemax (poH Heiimana u
Bupxkroga // Mart. coopruk, 2011. T. 202, Ne 8. C. 21--40.

15. [loka3aHo, 4TO cucTeMa KBa3unuHenHbIX aunddepeHunanbHbIX YypaBHEHUN, IKBUBANEHTHasA YCNoOBUIO
CyLecTBOBaHM1s1 MOJIMHOMMUANLHOrO MO UMMYJIbCaM MHTErpana reofge3m4yeckoro NoToka Ha AByMEPHOM TO-
pe, ABNAeTCA NonyrammnbTOHOBOMW. Takke AOKa3aHO, YTO B 3NNUNTMYECKON oGnacTu MHTerpanbl TpeTben
M YeTBEPTOM CTENEHU CBOAMMbI K MHTErpanam nepBon Unu BTOPOW CTEMNEHM.

(C.H.c., 1.¢p.-m.H. A.E.MuponoB coBmectHo ¢ M.Bbsibim (M3panis))

A.E. MupoHoBbIM (coBmecTHO ¢ M. BanbiM, Tenb-ABMB) JoKa3aHO, YTO CUCTEMa KBa3WNUHENHbIX AnddepeHum-
anbHbIX ypaBHEHUN, 3KBMBANEHTHAs YCNOBUIO CYLLECTBOBaHUSA MOMMHOMUAaNbHOMO Mo MMMyfbcaM UHTerparna reo-
[e31M4eCcKoro noToka Ha OBYMEPHOM Tope, SiIBNSETCA NOonyramMuibTOHOBOM, T.e. B runepbonuyeckon obnactu ata
cucTema 3anucbiBaeTcs B MHBapuaHTax PumaHa, a Takke B Buge 3aKOHOB COXpaHeHusi. Takme cuctembl MHTerpu-
pyeMbl 0606LWEHHBIM MeTOAOM rogorpada. Takke goka3aHo, YTO B 3MMMNTUYECKOM 06nacT UHTerpansl TpeTben
W YeTBEepTOM CTENEHN CBOAUMBI K MHTErpanam nepsomr UM BTOPOW CTENEHN.

M. Bialy, A. Mironov - Cubic and quartic integrals for geodesic flow on 2-torus via system of hydrodynamic type //
Nonlinearity. 2011. V. 24. P. 3541-3554.

M. Bialy, A. Mironov - Rich quasi-linear system for integrable geodesic flows on 2-torus // Discrete and Continuous Dynam-
ical Systems - Series A. 2011. V. 29. N. 1. P. 81-90.

16. Mony4yeHbl OLEHKN YCTOWYMBOCTM pelleHMA B oOpaTHbIX 3agavax o6 onpeaeneHun sgep UHTerpo-
andpdepeHUManbHbIX ypaBHEHUN 3NEKTPOAUHAMUKM (C YYETOM AUCNEepPCUM) U ypaBHEHUN BA3KOYNPYrocTU.
(3aB.mabopatopueit, wi.-k. PAH B.I".PomaHoB)

Mpn paccMOTpeHUn NpPOLLECCOB PaCNpPOCTPAHEHUST 3NEKTPOMArHMTHbBIX, aKyCTUYECKUX U YMPYIMX BOSIH BO MHOIMX

cnyyvaax HeobxoaMmMo y4nTbiBaTbh NpeabiCTOPUD npouecca (I'IaMFlTb Cpeﬂ,bl). Ons ANEKTPOMarHMTHbIX BOJIH 3TO
CBA3aHO C ABJleHMeM gucnepcun BOJIH, a ANd 3BYKOBbIX U YNPYrnx BOJIH C Sd)(*)eKTOM BA3KOCTWK Cpeabl. MaTematu-



Yeckn Yy4ET 3TuUX ahPeKToB CBA3aH C nosBrneHnem B anddepeHumnanbHbIX ypaBHEHUAX MHTErpanbHbIX crnaraembix
TMna oneparopa CBEPTKM C S4POM, oTBevawLwwmm "namatn cpeabl”. OnpeageneHve snep MHTErpasnbHbIX oneparto-
poB Mo HabngaeMon Ha rpaHuue obractv MHOPMaLUKN O PELLEHUSIX COOTBETCTBYOLLMX ypaBHEHUN NpeacTaB-
nset cobon HOBbIM Knacc obpaTHbix 3agad. MpoBefeHO KX uccnegoBaHue Ans MHTerpo-anddepeHumnanbHbIX
YPaBHEHWUI 3MEKTPOAMHAMMKIN U ypyrocTn. HecmMoTps Ha pasnunyme aTUxX ypaBHEHWIA, MOCTAHOBKM ANis HUX obpaT-
HbIX 3afa4 U MeToabl UX UCCrefoBaHNsl BO MHOIOM CXOXW. OTO NO3BONSIET NPOBOANTL UX U3YYEHUE C eOUHbIX Mo-
31umnn. HangeHbl nunwnueBbl OLLEHKN YCITOBHOW YCTOMYMBOCTM pelleHui psiga obpaTHbIX 3afad Ans ypaBHEHWUN
3NEKTPOAMHAMMKN, YUUTbIBAIOLLMX OUCMIEPCUIO BOSH, U ANS YpaBHEHUI BA3KOYNPYron cpedbl. PesynbTathl gokna-
ObIBanvCb Ha MeXAyHapoaHbIX Hay4dHbIX kKOHdepeHuusix B etebopre (LUseums), Mockse, EkatepuHbypre, AkyT-
cke, BnagnBocToke.

Pomanos B.I'. Onenka yCTOHYMBOCTH pELIEHHs B 3a/1aue 00 ONpEAEICHHUH siipa ypaBHEeHuUs Bsiskoynpyroctu. / Heknaccuue-
CKHE ypaBHEHH MaTeMaTuaeckor ¢puznkn. CO. Hayd. pabot. HoBocubupck: Uzn-Bo MH-Ta Matematuku, 2010, 246 - 253.
Pomanos B.I. OneHka yCTOWYHBOCTU PEIICHHS 3a1a4d 00 OIpeleseHHU sapa B HHTErpo-auGpepeHInaNbHBIX YPaBHEHHAX
anekrpoguHamMuku. // JJoxmaner AH. 2011. T. 439, Ne 4, 451-455.

Pomanos B.I'. 3amgada 006 omnpeneneHnu siapa YpaBHSHUH IEKTPOIMHAMUKY IS TuCTiepcHBIX cpen. // Jokmamsr AH. 2011. T.
440, Ne 1, 21-24.

Pomanos B.I'. OneHka yCTOHYMBOCTH pelIeHUs] B 00paTHOH 3aqaue aeKTpoauHaMukH. // Cubupckuid marem. xypH . 2011. T.
52, Ne 4, 861-875.

Pomanos B.I'. JIBymepHast oOpaTHas 3anaya Bsskoynpyroctu. // Jloxkmager AH. 2011. T. 440, Ne 3, 310-313.

Pomanos B.I'. TpéxmepHas oOpaTHas 3agada Bsa3koymnpyroctd. / Joxmamsr AH. 2011. T. 441, Ne 4, 435-438.

Pomanos B.I'. OOpatHBIe 3a1a4u A1 HHTErpo-aAu(depeHIHaNTbHBIX YPaBHCHUI JIEKTPOAUHAMUKY U Bs3KOynpyroctu. // Cu-
oupckue amektp. mateM. m3Bectus. 2011, T. 8, C.160-C.171.

17. Ona KNaccoB HeNMIMHENHbIX AUHAMUYECKUX CUCTEM AaHO OonucaHue Ux (*)GSOBbIX nopTpeToB u HangeHbl
ycnoBusa cyulectBoBaHUA LUKIIOB. nOﬂy‘leHHble pe3ynbTaTbl UCNOJNIb30BaHbI NP MoaenMpoBaHNN reHHbIX

ceTen.
(T.m.c., 1.¢p.-m.H. B.ILT ony6siTHUKOB, K.().-M.H. }O.A.T"aii0B)

[ns HEYETHOMEPHBIX HEMNHENHBIX AMHAMMUYECKMX CUCTEM, MOOENMPYIOLMX FEHHbIE CETU, PErynmpyemble TOMbKo
oTpuuaTenbHbIMM 0OpaTHBIMU CBSA3SIMW, HA OCHOBE COMOCTaBEHMST HEMPEPbLIBHbIX MOAEeNen C AUCKPETHLIMU MO-
Ny4YeHbl YCrOBUS CYLLLECTBOBAHUSA LIMKIOB M YCNOBUSA CYLLLECTBOBaHMUS YCTONYMBLIX LIMKIOB, 4aHO reOMeTpuyeckoe
OonucaHne MHBapMaHTHbLIX OKPECTHOCTEN LMKITOB. YKa3aHbl BO3MOXHble 0606LLEHNS 3TUX pe3ynbTaToB Ha YETHO-
MEpHblE MOLENN FEHHbIX CETEN U HA MOAENN, UMEILLIMNE TaKKe U MONOXUTENbHbIE 06paTHble CBA3W. [nsa Takmx
HenpepbIBHbIX TPEXMEPHbIX MOoAENeN, perynmpyemMbiX KOMOUHALUAMN MONOXUTENbHBIX U OTpULATENbHBIX 0bpaT-
HbIX CBSI3€N, MOSy4YeHbl 4OCTaTOYHbIE YCMOBUS CYLLECTBOBAHUSA LIMKIIOB, @ TaKkKe YCrNOBUS CyLLECTBOBAHUA YCTOMW-
UYMBBIX LMKIOB, ONMcaHbl ha3oBble NOPTPETHI, NEPEYMCIEHBI BCE CTaLMOHAPHbIE TOYKM, U yKa3aH xapakTep rnoee-
OEeHNs TPAEKTOPUIA B OKPECTHOCTAX 3TUX TOYEK.

WMcecnepnosaH pasoBbll NOPTPET HENMMHENHOW AMHaMUYECKOW CUCTEMbI, MOAENUPYIOLLLEN NPOLeCChl ucnpasneHus
BbI3BAHHOIrO pagnaunoHHbLIM M3nydeHnem nospexaeHna OHK. YcTtaHoBneHa B3auMOCBA3b YPOBHS 3TOro nospe-
XOEHUS U TOMOMOrMYECcKoro MHAeKca CTauuoHapHOM TOYKM MPoeKLMn (0a3oBOro nNoToka 3ToM CUCTEMbI Ha Mnoc-
KOCTb, COOTBETCTBYIOLLYIO KOHLIEHTPALNSAM OCHOBHbLIX KOMMOHEHT reHHOW CeTn, perynupytoLlen aTn npoLuecchbl.

Ons mopenen noAoOHbIX FEHHbIX CETEW, PEerynmpyemMbiX KOMOUHaALMAMWU MOMOXUTENBHbIX M OTpULaTenbHbIX 06-
paTHbIX CBSA3el, YCTaHOBMNEHbl aHanuTUyeckne YCnoBUs CYLLEeCTBOBaHUSA Nepuoauyveckmx TPaekTopuin coOoTBeT-
CTBYHOLUUX ANHAMUYECKMX cucTeM. [onyyeHbl Takke 1 YCroBUS YCTONYMBOCTU 3TUX LMKINOB, U ANA HEKOTOPLIX MO-
Jernen reHHbIX ceTeln nonyyeHbl OLEHKN KonmyecTBa UMkroB. WccnenosaH ¢asoBbl NOPTPET HENMMHENHOW AnHa-
MUYECKOWN CUCTEMbI, MOAENUPYIOLLEN OAMH LIeHTParbHbIA PerynaTopHbIi KOHTYP paHHen ctaguu passutus nNnogo-
Bov MyLwkn Drosophila Melonogaster.

byxapuna T.A., I'onyoamuuxos B.IL, 'onyosmuuxos U.B., @ypman J[.II. MaremaTiueckoe MOJIEIMPOBAHKUE MEPBOH (a3bl
MopdoreHesa Mmexano- perienropos D.melanogaster. Cu6. Xypu. Uumyctp. matrematuku. 2011, T. 14, N 4, c. 14 —19.
Golubyatnikov V.P., Golubyatnikov 1.V. On periodic trajectories in odd-dimensional gene networks models. Russian Journal
of Numerical Analysis and Mathematical Modeling. 2011, v. 26, N 4, p. 397—412.

Golubyatnikov V.P., Gaidov Yu.A. On the Existence and Stability of Cycles in Gene Networks with Variable Feedbacks. Con-
temporary mathematics, 2011, V. 533. p. 61 —74.

Golubyatnikov V.P., Mjolsness E., Gaidov Yu.A. A model of p53-dynamics triggered by DNA damage and its topological in-
dex. BectHuk BaBuiioBckoro o0iiecTBa reHeTUKOB U cesteKiuonepoB. 2009. T .13 . Ne. 1, ¢. 160-163.

Tonybsamnuxog B.I1., I'onybsimuuxos U.B., Jluxowseaii B.A. O CyIlieCTBOBAaHUH M YCTOWYHWBOCTH IIMKJIOB B TITUMEPHBIX MOJIE-
71X TeHHBIX ceTeid. Cubnpcekwmii XXypran Berancnurensnoit Maremaruku. T. 13, N 4, 2010. C. 403 — 411.

Taiioos FO.A., I'onybsimuuxos B.I1., Jluxoweaii B.A. O HEKOTOPBIX HEIMHEHHBIX TUHAMHYCCKHX CUCTEMaX, MOICIHPYHOIINX
HecMMMeTpHUHbIe TeHHbIe ceTh. 2. Bectnuk HoBocubupckoro I'ocynapcrBennoro ynusepcutera. Cepusi: «Matemarnka, Me-
xanuka, Madopmaruxa» T.10, N 1, 2010. C. 18 — 28.

18. Co3gaH MeToA4 onpeferieHnUst YacTHbIX MHAEKCOB MaTpuubi-(hyHKUMKU, KOTopas oGnapaeT onpegenéx-
HbIMA CBOWCTBaMU CMMMeTpuu. AKTyanbHOCTb NpoGreMbl Bbi3BaHa TeM, UTO B Teopuu chakropusauum



(3apava PumaHa) He cyulecTByeT MeToAa BbIYMCIIEHUSA YAaCTHbIX MHOEKCOB MaTpuLbi-(pyHKLMN [OCTAaTOYHO
obwero Buaa.

(C.n.c., k.0.-M.H. A.®.BopoHuH)

3apave cakTopmsaumm bonee crta net, oHa noctaeneHa mMnebeptom B 1905 r. Kpome Toro, npobnema dakropu-
3auuu, BBUAOY LUMPOKUX MPUINOXEHUN, ABNseTca Hanbonee BocTpeboBaHHOW 3agadven KOMMIIEKCHOro aHanuaa.
MHoro pasnuyHbix 3agad cBogutcsa K npobrneme cpaktopmsaumm (k 3agade PumaHa). B cBoio ouyepenb, KOppekT-
HOCTb 3adaym PvmaHa NOMnHOCTbIO onpefensieTcs YacTHbIMU MHAEKCaMU €€ mMaTpuyHoro koadpdpuumenta G(t). B
YacTHOCTH, ecnn MmaTpuua-yHkuma G(t) gonyckaeT kaHOHMYECKYHo hbakTopmsaumio, T.e. BCe €€ YaCTHble NHAEKCHI
paBHbl HynMto, TO 3agada PrumaHa KoppekTHO paspeluMma, pelleHne CyLecTBYeT, eQUHCTBEHHO N YCTONYMBO OTHO-
CUTENbHO BCeX KO3hPMLUMEHTOB 3adadn. Noatomy, Ans HaxoxaeHus obnactu KOpPpekTHOCTM 3agavn PumanHa (u
CBOAMMBIX K HEW 3aa4) BECbMa Ba)XHO YMETb BbIYUCISATL YAaCTHbIE MHOEKCHI MaTpULbl-COYHKLNN.
Ina dopmynupoBku npobnembl nonoxmm FM - ®ypbe o6pa3 kBagpaTtHoOW maTpuubl-QyHKUMK (nopsiaka n) M(t),
teR ¢ anemeHtamu n3 L (R); W™" -anrebpa BuHepa HenpepbiBHbIX MaTpuu-yHKumun Buga C+FM, rae C - nocTo-
sHHaa maTtpuua nopsaka n; W.™" (W.™") - noganre6pa B W™", coctosias ns matpuu-pyHkumn suaa C+FM Takux,
yTo M(t)=0 npu t<0 (npwm t>0). Ecnu A - HekoTopasi anrebpa, To Yepe3 GA 0003Ha4YMM rpynny u3 odbpaTuMbIX are-
meHTOB B A. M3BecTHo, yto MaTpuua G(t), teR, rae G e GW™" gonyckaeT ctaHgapTHyo akTopusauuio, T.e. oHa
npeacTaBnsieTcs B BUAE CMeAyLEro Npom3BeaeHnss MaTpuL:

G(X)=G.(X)D(X)G.(x), xeR, Q)
roe G.e GW,™", D(x)=diag(p“L,....p%), p=(x-i)/(x+i), Ky,....k, - YaCTHbIE MHAEKCH MaTpULbl G (Lenble uncna). Mpu-
4éM, YaCTHbIE UHAEKChI AN Kaxaon matpuubl G € GW™" eqUHCTBEHHBI.
Moa npobnemown caktopmsaumm matpuubl G(t) 6yaem noHumats 3agadvy HaxoxgeHusa maTpuu-yHKumMn G; 1 vm-
cen ky,....,k, B pasnoxeHuu (1). K HacToswemy BpemeHu, ana matpuubl obwero suga G(t) He cylecTByloT MeTO-
00B BbIYUCMEHUSA €€ 4acCTHbIX MHAEKCOB Ki,...,.k, (v maTpuu-dyHkuun G.). Mmetowmeca gokasatenbcrBa cylie-
CTBOBaHWsA pasnoxeHusi (1) HEKOHCTPYKTUBHBI - cogepXaT MeToZ OT MPOTUBHOIO.
PesynbtaT BopoHuHa A.®. COCTOMT B CO3[aHUMM MeToaa onpeneneHnst YacTHbIX UHAeKCoB MaTpuubl G € GW™",
npu ycnosuu, 4To nocriegHsas obnagaert onpefenéHHblM CBOWCTBOM cummeTpun. OCHOBY MeTOAa COCTaBnseT,
NPeanoXeHHbIN aBTOPOM KPUTEPUIN KaHOHUYECKoW hakTopum3aumi. C NnoMoLlblo npegnaraeMoro Metoga aBTopoMm
nony4yeHbl He U3BECTHble paHee 3PdEKTUBHbIE OOCTAaTOYHbIE YCIOBUS CYLLECTBOBAHUSA KAHOHMYECKOWN (hakTopu-
3aumM B CneayoLwwmx CMMMETPUYHBIX Knaccax mMaTpuu-pyHKLUWA: YHUTAPHbIX, 3PMUTOBLIX, OPTOrOHamNbHbIX, Kpyro-
BbIX, CAMMETPUYECKUX 1 Ap.

A.®. Boponun. Metoj onpeaeneHus YaCTHBIX MHAEKCOB CUMMETPUYHBIX MaTpuil-(pyHkuuii / Cub. marem. xxypHai, 2011, T.
52, Ne 1, c. 54--69.

A.®. Boporun. O MeToJe OlpeeNieHIsI YaCTHBIX HHACKCOB CHMMETPUYHBIX MaTpui-pyakmmidi// Joxm. AH, 2011, 1. 437, Ne
4, c. 448--451.

19. [loka3aHa pa3pewnMocTb B Kfacce NUnwuueBbiX (PYHKUUA OQHOMEPHbIX perynspHbIX 3aga4y MUHUMMU-
3auMM ¢ AOCTaTOYHO GNMU3KMMU NUNWMLEeBbLIMU NpensaTcTBuaAMU. Kak cneagctBue, peweHa npobnema Yna-

Mma.
(C.H.C., K.(0.-M.H., M.A.CpIueB)

YcTaHoBNEHa HOBas Teopema O KIacCUYeCKon paspeLummocTu B ManoM Ans O4HOMEPHbIX BapuMaLWOHHbIX 3a4au.
Okasanochb, YTO B 3aaye C NpendaTtCTBMAMM NpU SOCTATOYHO GNIM3KMX NUMNWNLEBBLIX NPENATCTBUSAX PELUEHNE BCe-
roa CywecTByeT B Knacce nunwmuesbix yHKUMA. Bonee Toro, aTo pelleHne HenpepbiBHO AuddepeHumpyemo,
ecnn npendaTtcTBUSA Takke HenpepbiBHO AuddepeHunpyembl. Ecnu nponsBogHble NpensTCTBUA OrpaHuyeHbl B
renb4epoBCKOM HOpME, TO NPOU3BOAHbIE PELUEHUI TakKe orpaHuMYeHbl B HekoTopon Hopme lenbaepa. Kak cnepg-
CTBUS NOSTyYeHbl HEKOTOPbIE HOBblE pe3ynbTaThl O NOBEAEeHUN MOKarbHbIX MUHUMYMOB 3aay MuHuMmnsaumun. Mpu
3TOM MpeanornaraeTcs, YTO UHTErpaHa renbAepoB Ha KOMMakTax U BbINOMHEHO YCrOBMUE NOKanbHOW 3NfAUNTUYHO-
CTM MO NPOU3BOAHOM NPOOHbLIX OYHKUMIA. [loka3aHo, Y4To Mobon cnabbiin NokanbHbI MUHUMYM SIBNISIETCS TakkKe U
CUMbHbIM NOKanbHbIM MUHMMYMOM. PelleHa npobrnema Ynama, coctosilias B TOM, YTO €CnvM MCXodHas 3ajada
UMeEET NoKarbHbIA MUHUMYM, TO Y 3a4a4 MUHUMU3ALUMN C MHTerpaHgamu, 6rnmskumm k ucxogHomy B C-Hopme, Tak-
Xe eCTb NnoKarbHble MUHUMYMbI, MPUYEM NOKaIbHbIE MUHUMYMbI annpOKCUMMPYIOLMX 3afay CXOASATCS BMeCTe C
Npon3BoAHbIMU B C-HOpPME K peLUeHno UCXOOHOW 3afaun. [NokaszaHo Takke, UTO €CNnu y ypaBHEHMs Jinepa ecTb
[Ba HenepeceKawLmnxcsl 4OCTAaTOYHO BrM3KMX peLleHns, To ansd 3agad MUHUMU3auun ¢ rpaHnYHbIMUK YCIOBUSIMMU,
nexawmmMmm Mexay 9TUMMU pelleHUsMU, HaAETCAa NoKanbHbI MUHUMYM COOTBETCTBYIOLLEro dyHkUnoHana. MNony-
YyeHa oueHka C-HOpMbl MPOM3BOAHBLIX NOKaNbHbIX MUHUMYMOB Yepe3 C-HOpMY MPOU3BOAHBLIX YKa3aHHbIX peLleHun
ypaBHeHus1 Junepa. MNocnegHuin pesynbTaT YTOYHSET Krnaccuyeckoe ycnosme AkoOuM CylLeCcTBOBaHMS fOKanbHOMo
MUHUMYMa.

M.A. Sychev — Another theorem of classical solvability “in small” for one-dimensional variation problems // Archive Ration.
Mech. Anal., 202 (2011), 269-294.



20. [lokasaHbl NpsiMble U obpaTHble NpeAeribHbIe TEOPEMbI, yCTaHABNMBAKOLIUE CBA3M MeXAY peLeHUsAMU
KNaccoB CUCTEM HeNMMMHENHbIX 06LIKHOBEHHbIX AnddepeHLManbHbIX YpaBHEHUN BbICOKOW pa3MepHOCTU U
0606LWEHHBLIMU peLleHUsIMU ypaBHEHUN ¢ 3anasabiBaloWUM aprymeHToM.

(3aB.maboparopueit, m.¢.-m.H. I'.B.Jlemumenko, c.H.c., K.Qp.-M.H. WM.M.MatBeeBa, actmpant W.A.MelbHHK COBMECTHO C
A.A JluxomBaem (UIul" CO PAH))

B uukne pabot [1-9] npoBOANNUCL NCCNEAOBaHNSA CBA3EN MeXAy Krnaccamu CUCTEM HENMUHEWMHbIX 0ObIKHOBEHHbIX
andpepeHymanbHbIX ypaBHEHUI BbICOKOM pa3MepHOCTU U auddepeHumanbHbIMU YypaBHEHUSIMU C 3anasabiBato-
WM aprymeHTom. PaspaboTaH MeToa CpaBHEHMs, MO3BONSOLWMIA YCTaHAaBNUBATbL HOBbIE CBSA3N MeXAy peLueHns-
MU Takmx CUCTEM U ypaBHeHW. [lokasaH pag npefenbHbiX TEOPEM, U3 KOTOPbIX BbITEKAET, YTO KOMMOHEHThI peLue-
Hua 3agaun Kowwm ans cucteM oBbIKHOBEHHBbIX AndddepeHLmnanbHbIX YPaBHEHUIN BbICOKON pasMepHOCTM MOXHO
HaxoauTb NPUBNMKEHHO, NCNONb3Yst 0606LLEHHbIE pelleHns ypaBHEHMI C 3ana3ablBaloLLMM apryMeHTOM CO cne-
unaneHbIMWM HavanbHbIMU AaHHbIMW. [lony4yeHbl nokarnbHble OLEHKW annpokcumaumu. Mopsagok annpokcumaumm
CYLLIECTBEHHO 3aBUCUT OT Pa3MEPHOCTU CUCTEM, XapaKkTepa HEMMHENHOCTU U ONTMHBI BDEMEHHOIO MHTEpBana. M3y-
YeHbl YCIOBMS Ha HENWHENHbIE MpaBble YacT! CUCTEM, NPU KOTOPbIX yOAETCA NOMy4uTb rrnobanbHble OueHKU an-
NpOoKCUMaLNW peLLeHNA CUCTEM BbICOKOW Pa3MepHOCTU PELUEHUSIMUA YPaBHEHWUI C 3ana3fblBaloLLMM apryMeHTOM.
Ha ocHoBe npefenbHbIX TEOPEM M OLEHOK annpoKCMMaLuunM C UCMOMNb30BaHWEM CBOWCTB BEVBNET Xaapa JoKa3aHbl
TeopeMbl 06 annpokcumauuy NPOU3BOSIbHBLIX PELUEHUI YpaBHEHWIA C 3ana3gbiBaloWwMM apryMeHTOM peLleHns MM
cneumanbHbIX KNaccoB CUCTEM OBbIKHOBEHHbIX AnddepeHLManbHbIX YypaBHEHUI BbICOKON pa3MepHOCTU. Tem ca-
MbIM YCTAHOBIEH pAa NPAMbIX U 06paTHbIX NpeaenbHbIX TEOPEM, NOKA3bIBAKOLLMX TECHYHO CBSI3b HEKOTOPbLIX Krac-
COB CUCTEM OOLIKHOBEHHbIX AnddepeHunanbHbiX ypaBHEHMI BbICOKOW pa3MepHOCTM U AnddepeHumnanbHbiX
YpaBHEHUI C 3ana3abiBatoLLMM apryMeHTOM.

1. Hemuoenxo I'.B., Jluxowsail B.A., Myopos A.B. O cBs3u Mexay pereHusMu audGepeHIIHaTbHBIX YpaBHEHHUH ¢ 3ama3iblBa-
FOIIIIIM apTyMEHTOM B OECKOHEYHOMEPHBIX CHCTeM nuddepeHInaIbHbIX ypasHenuit / Audd. ypasaerms. 2009. T. 45, Ne 1.
2.Mameeesa U.U., Ilonoe A.M. O cBoiicTBaX pemICHUI OJHON CHCTEMBI, BO3HUKAIOIICH MPH MOJACIHPOBAHUA MHOTOCTAaIU M-
Horo cuHTe3a BemecTsa // Bectank HI'Y. Cepust: Matemaruka, Mexannka, nHpopmatuka. 2009. T. 9, Bem. 3.

3.Matveeva I.1. On properties of solutions to a system of differential equations with a parameter // Journal of Analysis and Ap-
plications. 2009. V. 7, No. 2.

4 Jlemuoenxo I'.B., Menvrnux M.A. O6 omHOM crioco0e anmpoKCHMAIUK pelneHui nudhepeHIuanbHbIX YPaBHECHUI ¢ 3ama3 ibl-
BaroIuM aprymenTom // Cubupckuii matematudeckuii xyprai. 2010. T. 51, Ne 3.

5.Demidenko G.V., Kotova T.V. Limit properties of solutions to one class of systems of differential equations with parameters
[/l Journal of Analysis and Applications. 2010. V. 8, No. 2.

6.Demidenko G.V., Likhoshvai V.A., Mel'nik I.A. On properties of solutions to equations of multistage substance synthesis //
Journal of Analysis and Applications. 2010. V. 8, No. 1.

7. [demudenxo I'B. O xmaccax cucteM nuddepeHuaIbHbIX YpaBHEHIH BRICOKOH pa3MEPHOCTH U YPaBHEHHSX C 3ama3fbIBaio-
mmM aprymentom // Tpyasl MexnyHapoaHoi HaydHoW kKoHpepenuun «Teopust onepatopoB. KoMmIuiekcHbIN aHaIU3 U Mare-
Mmaruueckoe MojenaupoBanue» / Mtorn Hayku. FOr Poccun. Cep.: Martemarnueckuii popym. T. 5. Bnanukaskaz: FOMU BHL]
PAH u PCO-A, 2011.

8.Menvnux U.A. O6 omHON HenmHEHHOHN cucTeMe nudGepeHINaTbHBIX YPaBHEHNH, MOICIUPYIOMEH MHOTOCTaIUIHBIN CHH-
Te3 BemecTsa // Bectauk Tam0OoBckoro yHuBepcutera. Cepus: EctectBenHble u Texandeckue Hayku. 2011. T. 16, Boim. 5.

21. Knaccuueckoe aKCnoHeHUunanbHoOe HepaBeHCTBO YeObiWéBa AN pacnpeaeneHMn cnyyYyamHbiX BeNMYUH
06006LLEeHO HA MHOFOMEPHbLIN M 6ECKOHEYHOMEPHbIN Cry4au.

(CoBernnk PAH, akamemuk A.A.BopoBkoB, a.¢.-M.H. A.A.MoryibCcKuii)

HangeHa cdopma, B KOTOPOW 9KCMOHEHUManbHoe HepaBeHCTBO YebbiwéBa pacnpocTpaHsaeTca Ha pacnpeaeneHms
CrnyyYanHbIX BEKTOPOB, MX CYMMbl U Ha pacnpegeneHvs TpaekTopun cnydarHbelx npoueccoB. O606LWwéHHbIEe Hepa-
BEHCTBA NPeACTaBnsoT CaMOCTOATENbHbIN UHTEPEC U SABMSIOTCH BaXHbIM aHanmMTUYeCKUM WHCTpyMeHTom. B
YaCTHOCTW, OHU UrPatoT BaXkHYI0 pPOfib B AOKa3aTenbCTBE COBPEMEHHbIX 0600LLEHHBIX BepCUin NpuHUMna 6omnbLumx
YKITOHEHUI NS TPAEKTOPUIA CriydariHbIX 6nyxaaHui.

A.A.Bopoekos, A.A. Moeynvckuti. DKCTIIOHEHIHATbHbIE HEPABEHCTBA YEOBIIIEBCKOTO TUIIA JUIS CYMM CIy4allHBIX BEKTOPOB U
JUISL TPAGKTOPHH ciTydaifHbIX Onryxxnanuii. Teopust BepositHocTelt u e€ npuMeHenus. 2011. T. 56, e 1. C. 3-29.

22. Ony6nukoBaHa MoHorpacdusa, nogBoaswWwas UTOrM uccrefoBaHU No pa3paboTke Teopuu MeaneHHo
yobiBarowWwmx pacnpegeneHuit. NMonyyeH psn HOBbIX pe3ynbTaToB, B YacTHOCTU (a) AOKa3aHbl HOBble Xxa-
pakTepu3auMoHHble CBOMCTBa pa3fM4HbIX NOAKNACCOB Kiacca cy63akcnoHeHUMWanbHbIX pacnpeaeneHun;
(6) HanpeH o6OwWMK Noaxoa K AoKa3aTeNibCTBY OCHOBHbIX CBOMCTB CYO3KCMOHeHLUManbHbIX pacnpegene-
HUW; (B) CYLLECTBEHHO pacLUMPEH CMEKTP YTBEPXKAEHUWA ANsi MaKCMMyMa Cry4YanHoro 6nyxnaHusa ¢ oTpu-
uaTenbHbIM CHOCOM.

(B.un.c., n.¢.-m.H. C.I.Docc, B.H.C., A.0.-M.H. [I.A.KopuryHoB)



Mpeanaraemblit LUK paboT NOCBALLEH UCCNEAOBAHMNIO KNACCOB BEPOATHOCTHLIX pacnpeaeneHuii, KoTopble xapak-
TepuayoTca MearneHHbIM yobiBaHMeM Ha GEeCKOHEYHOCTU. DTU pacnpedeneHns UrpatoT BaXkHY porb B aKTyapHOW
1 bMHAHCOBON MaTeMaTuKe, SHEPreTUYECKUX CUCTeEMaX, MPU U3YYEHUUN CMOXKHBIX CTOXaCTUYECKUX CUCTEM, B TOM
yucre (Tene) KOMMYHUKALUMOHHBIX ceTeil. B aTOT LMKN BXOAUT HECKONbKO CTaTell U 3aBepluatoLLlas nccrnegoBaHus
MoHorpadvsi, onybnmkoBaHHasa B uagatenscTBe Springer. ABTOpbl NPOBOASAT cUCTEMaTUYecKoe U KOMIMIEeKcHoe
M3y4YeHne OCHOBHbIX KIacCcoB MedneHHO yObiBaloWux pacnpeneneHuii. Kpome Toro, nony4yeHHble B rnocnegHue
rogbl pesynbTaTbl MOMOralT YETKO OYepTUTb rpaHuUbl NMPUMEHUMOCTU PasfUYHbIX OBLMX MEeToOoB B AaHHOM
HanpasfeHuM nuccrnenoBaHuin, NO3BONAKT YNPOCTUTL U COKPATUTbL MHOTMME M3BECTHble AoKasaTenbCcTBa U, B nep-
CrneKkTuBe, yKasblBaloT Ha BO3MOXHbIe NOAXOAbl B MCCNeA0BaHUAX MHOFOMEPHbLIX MOZEenei.

S. Foss, D. Korshunov, S.Zachary. Convolutions of long-tailed and subexponential distributions. Journal of Applied Probabil-
ity, 2009, V.46, P. 756-767.

D. Denisov, S. Foss, D. Karshunov, Asymptotics of randomly stopped sums in the presence of heavy tails. Bernoulli, 2010,
V.16, P. 971-994.

S. Foss, D. Korshunov, S. Zachary, An Introduction to Heavy-Tailed and Subexponential Distributions. Springer Series in Op-
erations Research and Financial Engineering, 2011.

23. MonyyeHbl AOCTaTOYHble YCNOBUA KOMOHOTOHHOW WM KOBbIMNYKMOW MHTEPNOMALUN KNacCUYEeCKUMMU
KyOu4eCKUMu cnsianHamm.

(H.c. B.B.bornanos)

PaccmaTpuBaeTtcs 3agaya MHTEPNONAUMM CETOYHOM (PYHKLUMKM C YCIOBMEM COXPaHEHWs Xxapakrtepa e€ KyCOYHOM
MOHOTOHHOCTW UMK BbINYKMOCTW. YacTo B NpaKTUYecKMx 3agadax reomeTpuyeckne mnu umsmyeckne coobpaxeHuns
TpeObyloT, 4TOObI CnnarH, MHTEPNoONuPys AaHHble, Oblfl MOHOTOHHBIM (BbIMYKMbIM) HA KaXXO4OM NPOMEXYTKE MOHO-
TOHHOCTM (BbIMYKINOCTU) AaHHbIX, 3@ WCKMIOYEHUeM, MoXeT OblTb, TeX MHTepBaroB CETKM, KOTopble Henocpen-
CTBEHHO NPUMbIKAIOT K KOHLAM 3TMX MPOMEXYTKOB. TOrga roBopsAT, YTO ChfanH COXPaHAET KYCOYHYH MOHOTOH-
HOCTb (BbINYKMOCTb) AaHHbIX, UMW ABMASETCA KOMOHOTOHHbIM (KOBbINYKMbIM). PelleHre 3agaym oCHOBaHO Ha npef-
CTaBreHun NepBon (BTOPOW) NPOM3BOAHOWN MHTEPMNONALMOHHOIO Kybnyeckoro cnnanHa B Buae pasnoxeHus no B-
cnnanHam BTOPow (MepBOM) CTENEHU U NOMyYeHUN YCIOBUA HY>XHOW 3HAKOBOW CXeMbl B MOCNEeA0BaTENbHOCTU KO-
ahduumneHToB pasnoxeHus. B gaHHOM criyyae yganoch nony4mTb YCNOBWUS HacrneaoBaHWUs 3HAKOBOW CXEMbl BEK-
TOpa MpaBOW YacTV BEKTOPOM peLUeHUs TpéxamaroHanbHOW CUCTEMbl NUHENHbIX ypaBHeHun. [Mpu atom Obin mc-
nonb3oBaH noaxog H0.C.3aBbanoBa nonyyeHUsi 4OCTATOYHbIX YCIOBUIM MOMOXUTENBHOCTM pelleHns Tpéxauaro-
HarnbHOW CUCTEeMbl C HECTPOro AkobrMeBon MaTpuLen ¢ aMaroHanbHbiM npeobnagaHvem. NpegnoxeHa 6onee npo-
CTas cxema [JokasaTenbCTBa, NoAxoadwias u ons cnyyas, paccmorpeHHoro t0.C.3aBbsAnoBbiM. HangeHsl gocta-
TOYHbIE YCIOBUSA KOMOHOTOHHOWM M KOBbIMYKIIOM MHTEPMONALUN, BbipaXXeHHbIe B BUAE NErko npoBepsieMbiX OrpaHu-
YeHW Ha noBedeHne COOTBETCTBEHHO MEPBbIX UMM BTOPbIX PasfenéHHbIX pasHOCTEN OT UCXOOHbIX AaHHbIX. OTK
yCroBKs NMO3BOSISAIOT, BO-MEpBbIX, anpuopHo, 6e3 NocTpoeHus cnnanHa BbiACHUTb ByaeT nu Kybuueckuin cnnamH
KOMOHOTOHHbIM WIM KOBbINYKIMbIM W, BO-BTOPbIX, NOKanNn3oBaTb T€ Y4acTKM AaHHbIX, KOTOPble MOryT 6biTb NpUyu-
HOW HapyLLEeHWs KOBbIMYKNOCTU UM KOMOHOTOHHOCTM CnanHa.

Bonxos F0.C., bozoanos B.B., Mupownuuenxo B.JI., Illeeanoun B.T. ®opMOCOXpaHSIONIass MHTEPIOJALNSI KyOW4eCKHUMU
crutaiinamu // Marem. 3ametku. 2010. T.88, Ne 6. C. 836-844.

bozoanoe B.B. JlocTaTouHble YCIOBUS KOMOHOTOHHOW MHTEPIIOJLIINN KyOMYECKUMH CIDIaifHAME KJiacca C? // Maremarnue-
ckue Tpyasl. — 2011. — T. 14, Ne 2. — C. 3-13.

boeoanoe B.B. KoMOHOTOHHasI MHTEPHOIALMS KyOMYECKNM CIUIaifHOM B CIydae OJHOM IepeMeHbl HallpaBIeHHsI MOHOTOHHO-
ctu // Metonsl crutaiH-QyHKIuil. Pocc. koH(®., mocBsménHas 80-netuto co aus poxneHus FO.C.3apsoBa: Te3. mokmanos. —
Hogsocubupck, UM CO PAH. — 2011. — C. 20-21.

24. PazpaboTtaHa HoBasi MeToAMKa YUCIIEHHOro MoAenupoBaHMA ynpyro-nnacrtuyeckux gedopmauuin nog
BO34eMCTBMEeM B3pbIBHbIX Harpy3ok. [poBeAéHHble pacyéTbl BbIIBUNU, YTO OAHOW M3 NPUYMH BOJIHOOO-
pa3oBaHuUA Npu cBapkKe B3pPbIBOM AABJisieTCA KPUBU3Ha narpaH)KeBoﬁ MEeTpPUKMU, BKna,qblBaeMOﬁ B 3I7Ij1epOBO
KOOpAWHATHOE NPOCTPaAHCTBO. [JaHO 06 bACHEHME NOSIBIIEHNIO 3TON KPUBU3HBDI.

(Cosernux PAH, akanemuk C.K.I'onyHoB, H.C., K.(b.-M.H. 1.M.ITemikoB)
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HU.M. Ilewkos. Mopnenb aHM30TpONHOTO runepynpyroro teépaoro tena // X Beepoccuiickuit cbe3n no ¢yHaaMeHTaIbHBIM
nmpobiieMaM TEOPETHUECKON U MPUKIaAHON MexaHukH, 24-30 aBrycta, Hmwxauit Hosropom. 2011.

U M. Ilewkos. Cxema ['oryHOBa JIJIs1 MOJIETM THIIEPYIIPYTOT0 MaTepraia ¢ TOJUBBITYKIOW QYHKIMEH 3anacéHHON dHEpTHn //
XIIT MexayHapoanbiii cemunaap "CynepBeIYUCICHNS U MaTeMaTndeckoe MoaenupoBanue"”, 3-7 oktsa0ps, Capos, 2011.

25. Onsa MHOropervmoHasnibHbIX 3KOHOMN4Y€CKMX CcucteM AOCTaTO4YHO ob6wero Buaa YCTaHOBIJI€HO, 4TO Ansa
coBnageHna MHOXeCcTB pPpaBHOBECHbIX MaHOB Banbpaca n QFI)KBOpTa AOCTATO4YHO CTpOFOﬁ aBTapPKU4YHO-

CTU M HEHaCbILWEHHOCTN TaKUX CUCTEM.
(T'n.H.c., 1.¢.-M.H. B.A .Bacunbes, coBmectHo ¢ B.1.Cycnoesim (UDOIIIT CO PAH))

WccnepoBaHbl ycnoBms CyLLecTBOBaHNA HEGNOKMPYEMbIX COCTOSHUIA ANS OAHOTO Kracca MoAdenen, n3ny4yasLumxcs
B psige paboT No MHOropermoHanbHbIM 3KOHOMUYECKMM cucTeMam. [laHo onmcaHme KoonepaTuBHBIX UIP, accounu-
POBaHHbIX C TAKUMW MOAENSMMW, N OCYLLECTBIIeHa PeAyKUMsA HEKOTOPbIX BOMPOCOB KOAMLMOHHOW CTabunbHOCTM
NnaHoB pas3BUTUS PErMOHOB K COOTBETCTBYHLUMM 3ajadvaM TeopeTMKO-urpoBoro aHanusa. C mncnonb3oBaHMeEM
knaccuyeckon TeopeMbl Ckapda 0 HenycToTe sAep KOonepaTUBHbIX UIP YCTaHOBIEHbI AOCTAaTOYHO NPOCTLIE YCro-
BMS CYyLLECTBOBAHUSA HEOMOKMPYEMbIX COCTOSHUIA M3y4aeMblX MOAenen MexXpernoHanbHOro SKOHOMUYECKOro B3a-
umopaencTens. BaxHylo ponb B peanusaunm MCnonb3yemoro noaxona UrpaeT NMHEeNHOCTb paccMaTprBaeMblX MO-
Aenen 1 BblTeKaroLas n3 Heé nNonmMaapanbHOCTb MHOXECTB cbanaHCMpoBaHHbIX NNaHOB PEermoHanbHbIX Koanuunm.
MocTpoeH aHanor paBHOBeCUSA JMKBOPTA AN OAHOro Krnacca MHOrOpernoHarbHbIX SKOHOMUYECKMX cucTeM. Bbl-
MOMHEH aHanu3 TEeOPEeTMKO-UTPOBbLIX aCMeKTOB KOANMUMOHHOW CTabunbHOCTW MaHOB pPasBUTUS PErMOHOB U yCTa-
HOBIieHa 4OBOMbHO 06Llas Teopema CylecTBoBaHUS paBHoBecun dmkBopTta. ObCyxaeHbl BONPOChl CoBNageHus
MHOXEeCTBa 3TUX PaBHOBECUW C HEYETKUM SOPOM U MHOXECTBOM BaslbPaCOBCKMX PaBHOBECUM M3y4aeMblX MHOMo-
pervoHasnbHbIX CUCTEM.

MonyuyeHo gocTtatouyHo obliee ycrnosue, rapaHTUpylollee CyLlecTBOBaHWe paBHoBecwus Banbpaca ana mogenew
MEXPErMoHanbHOro B3aMMOLEWCTBUSA C OrpaHUYeHHbIMU MHOXECTBaMW PECYPCHO-TEXHOMOrMYECKMX BO3MOXHO-
CTel y4acCTHMKOB. OTO YCroBMe 3aKryaeTCsl B CTPOron aBTapKUYHOCTM BCEX PErVMOHOB, U B (hOpManibHOM nraHe
ABMAETCA NMPOCTbIM aHarioroM CTaHAapTHOro TpeGoBaHWA PerynsapHOCTU KNacCM4ecKoro paBHOBECHOrO aHanusa.
MoMuMO TeopeMbl CyLLeCTBOBaHMS MOMy4yeHa Teopema 3KBMBANEHTHOCTW, yCTaHaBnuBawLlias coBnageHne MHO-
XKeCTBa BanbpaCOBCKMX MMAHOB U HEYETKMX SAep AMs LWMPOKOro Krnacca mogenen B3auMoaencTeus. MI3yyeHosl Bo-
NpOCbl MPUMEHEHUS 3TOW TeopeMbl AN OTbICKaHMSA YCINOBUIA CyLLeCTBOBaHMSA paBHoBecu Banbpaca, He npeano-
narapLmx orpaHU4EHHOCTM MHOXECTB PeCYPCHO-TEXHOMNOMMYECKUX BO3MOXHOCTEN PErMOHOB.

WccnepoBaHbl ycrnoBrs 9KBMBanNeHTHOCTU paBHoBecun Banbpaca u SmkBopTa AN M3Y4EHHOro Krnacca MHorope-
MMOHAanbHbIX 9KOHOMUYECKUX cucTeM. [loka3aHo, YTO NpuM CTPOron aBTAPKUYHOCTW W HEHACLIWEHHOCTU TaKuX Cu-
CTEM MMeeT MeCTO COBMajeHne nx HeYETKMX Saep M BanbpacoBCKMX NnaHoB. bonee Toro, ncnomnb3sys npeacras-
NeHve paBHOBeCWI D4KBOpTa B BUAeE 9NEMEHTOB Tak HasbiBaeMoro HevéTkoro Q-agpa, yaaércs ycTaHOBUTb, YTO
cTporasi aBTapkMYHOCTb M HEHAaCbILWEHHOCTb AO0CTaTOYHbl M ANS COBMNadeHWs MHOXECTB PaBHOBECHbIX MIaHOB
Banbpaca n 3mxBopTa. B uenom, nonyyeHHble pe3ynbTaTbl NMOATBEPXAAOT U3BECTHYIO runotesy Jmkeopta 06
acUMMTOTUYECKON 9KBUBANIEHTHOCTU A4ep N PaBHOBECUI ANl MHOrOpernoHasnbHbIX 3KOHOMUYECKNX CUCTEM AOCTa-
TO4YHO obLiero Buaa.

Bacunves B.A., Cycnos B.HM. O HEOJIOKAPYEMBIX COCTOSIHUSX MHOIOPETHOHAIBHBIX 3KOHOMHUYECKUX cucteM // CHOMpCKuii
KypHaJl MHAycTpruanbHOit Matemaruku. Tom XII, Ne 4(40), 2009, c.13-25.

Bacunves B.A., Cycroe B.M. PaBHOBecHe DIKBOPTA B OJHOM MOJEIH MEKPETHOHAIBHBIX IKOHOMUYECKUX OTHOMIeHU# // CH-
Ompckuit xKypHai1 nHAycTpuanbHor Marematuku. Tom X1, Ne 1(41), 2010, c. 18-33.

26. Ana maTemaTM4eCcKMX mopenem 3KOHOMUKM Tuna dppoy — [Oebpe — MakKeH3n nokasaHo, 4TO goro-
BOpHOW noaxopn 3¢ peKTUBHO MoAenupyeT yCNOBUsS COBEPLUEHHON KOHKYPEHLIMM U CNOCO6eH onucbiBaTh
M3BECTHbIE Knaccu4yeckue NOHATUA B COBEPLUEHHON 3KOHOMUKe (paBHOBeCUS, AP0, HEYETKOE AAPO) B KO-
onepaTMBHO-UrpoBbIX TepMuHax. HangeHo noroBopHoe onucaHve paBHoBecus JInHpans, He anennupyto-
Liee K CTOUMOCTHbIM MapamMeTpamMm, YTO paspeLlaeT KnacCu4eckyro npoénemy MHAMBUAYyanbHbIX LiEH.

(B.u.c., 1.¢.-m.H. B.M.MapaxyuH)

HoBas KoHuenuus OMWHMPOBAHWS,, OCHOBAHHAs Ha MOHATUM MEHOBOIO (DapTepHOro), a Takke NPON3BOLACTBEHHO-
ro KOHTpakTa (goroBopa) npegnaraeTcs Ans aHanu3a MaTemaTudeckux Mogenen a3KoOHOMUKM Tuna Oppoy — [eb-
pe — MakKeH3n. Hapsigy ¢ BO3MOXHOCTSIMM 3akntoyaTb HOBblE AOrOBOPbI, UHAMBUAYYMbI HAOENSATCA CNOCOBHO-
CTbiO pBaTb 3aKMNiOYEeHHbIE paHee KOHTPaKTbI, MPUYEM BO3MOXEH MOSHbIA, YACTUYHbIA, aCUMMETPUYHBIA U T.4. pas-
pbiB. [lanee noHATNE KOANMULMOHHOIO AOMUHUPOBAHUS NEPEHOCUTCS Ha CUCTEMBI (CeTU) JOroBOPOB U, TEM CaMbIM,
Ha oTBevalLLMe MM OOrOBOpHbIE pacnpeneneHms (COCTOSHMS), YbW CBOMCTBA CTabunbHocTh uccregytotcs. Moka-
3aHO, YTO 3TOT AOrOBOPHON NOAXOA 3PAEKTUBHO MOJEeNMpyeT YCNOBUSA COBEPLLUEHHOM KOHKYPEHLMA U B ero pam-
Kax MOXHO OnucaTb psg M3BECTHbIX KITACCUYECKUX MOHATUN — paBHOBECUS, SA4PO, HEYETKOE AP0 M MpPoY. — B
KoonepaTUBHO-UrPOBLIX TepMUHaX. [Mpu 3TOM AOroBopHas Moernb COBEPLUEHHOM KOHKYpPEeHUMW ropasgo npoile
N3BECTHbLIX paHee B nuTepaType — PensiMkM S3KOHOMUKM U CTSArMBAEMOCTb siapa K paBHoBecuto no [lebpe n Ckap-
dy, HeaToMU4ecKoe MPOCTPAHCTBO SKOHOMUYECKUX areHTOB No AyMaHHY UM HecTaHdapTHbIN noaxoAd. Anga Heco-
BEPLUEHHbIX MOZENEN, B KOTOPbIX HE KaXAbI KOHTPAKT peanuidyem (paspeLuéH), JOroBOp M AOrOBOPHOW NMOAXOL



MOTYT CMYXWUTb OOHUM U3 NEPBUYHBLIX MOAENbHbLIX 3NIEMEHTOB, YTO NO3BOMSET paspellaTb pasHoobpasHbie Teope-
Tnyeckne npobnemsl. B Tom yncne 6bino npeanoxeHo: 1) opurnHanbHoe OOroBOPHOE S4PO ANs HENONHbIX (bu-
HaHCOBbIX) PbIHKOB (HacneaylTCsa CBOMCTBA KMacCUYecKoro siapa pbiHKa); 2) 4aHO OOroOBOPHOE OnMcaHWe paBHO-
Becus JInHaana B Mogenu ¢ obLiecTBeHHbIMM Graramu, YTO YCMELLUHO pa3peLlaeT Krnaccuyeckyto npobnemy uHau-
BMAYyarnbHbIX LUEH (B AOroBopax AeHbIM U LieHbl HE y4acTBYHOT); 3) MMeeTcs A0roBopHoe 060CHOBaHMeE npolecca
BbIXOJa 3KOHOMMUKM Ha paBHOBecKE; 4) Anst MOAENN C aCUMMETPUYHO MHAOPMUPOBAHHBLIMW areHTaMu Npeanoxe-
HO MHOXECTBO YTOYHEHWIA N3BECTHbIX MOHSATUA PAaBHOBECUS! U P HOBbIX AOTOBOPHLIX MOHATUIA SiApa U paBHOBE-
cnd c y‘-IéTOM AONHaMUKN CUCTEMbI U eé BbiX04a Ha paBHOBECHKE.

KoHTpakThl U JOMHHUpPOBaHHE B MOAEIAX KOHKYpPEHTHOH skoHomuku // XKypuan Hooit DxoHoMuueckoit Acconmanuy, 9,
Mocksa, 2011, ¢. 10-32,

Monemn s>xoHOMEKH ¢ auddepernmpoBanaoii nHPOpMaIue: gorosoproii noaxon — 2010, KoHcoprmyM 3KOHOMHYECKHX
uccnenoBannii n obpasosanus. Cepus “Haywnsie nokmaner”’, Ne 10/02E, 81 c.

DOKOHOMHUKH C aCHMMETPUYIHO MH()OPMHUPOBAaHHBIMH areHTaMU: KOHICMIH peaeiapHoit madopmarwu // XKyprar Hosoit Jko-
HoMuueckor Accormaruu, 1-2, Mocksa, 2009, c. 62-85.

27. [loka3aHbl OLEHKN CITOXKHOCTU BblYMCIIeHUA OyneBbIX PYHKUMUA U cUcTeM GyneBbiX (PYHKUUI BBEOEH-
HbIMM aBTOPOM pacnpegenéHHbIMM cXeMaMu, MOAENUPYLMMK BblYUCIIEHUA NapanmenbHbIMA KOMMbIo-
Tepamu ¢ pacrnpegenéHHoOM NamMATbI.

(C.u.c., n.¢.-m.H E.A.OKOJBHHUIITHUKOBA)

CxeMbl, paccmaTprBaemMble B TEOPUM CMOXHOCTU, B TON UMM UHOW CTENEHN MOAENUPYIOT paboTy BblMMCIANTENbHBLIX
ycTpovicTB. B ctaTbe npefAcTaBneH knacc cxem, MOAenupyrowmx paboTy napannenbHbiXx MawwuH. Pacnpegenéx-
Hble CxeMbl, paccMaTpuBaeMble B 3Tow paboTe - npocTasd MoAerb, KOTopasi ON1CbIBaeT BblYMCIIEHNE napannenb-
HbIMW MaLIMHaMK ¢ pacnpedenéHHon namaTbio. PacnpegenéHHas cxema coaepXut pag noacxem (NpoLeccopos).
Kaxxgas nogcxema paboTtaeT OTAENbHO, HO CyLEeCcTBYeT BO3MOXHOCTb OOMEHMBATLCA MPOMEXYTOUHLIMWN Pe3yrib-
TaTamu paboTbl C ApyrMMK nogcxeMammn 3apaHee npegnucaHHoe Yucno pas. MoxHo npegctaBuTb, YTO B 3TU MO-
MEHTbI BCS MH(pOpMaLUS, BbIYMCIIEHHAS K 3TOMY MOMEHTY Mobon M3 nogcxemM, CTAHOBUTCS AOCTYMHOW BCEM MOA-
cXemam, 1 Kaxgasi U3 HUX MOXET MCNomnb3oBaTh 3Ty MHAOPMaLUIO B CBOUX JanbHENWUNX BblYMcneHunsx. NokasaHo,
YTO CYLLEeCTBYHOT NpuvMepbl nocnegosaTenbHOCTEN ByneBbix MYHKUMIA, a Takke cucTem OyneBbix YHKUMNW, ANS
KOTOPbIX Aaxe paspelleHne OJHOKpaTHOro obMeHa uHopmaunen MoXeT CYLEeCTBEHHO YMEHbLUUTb CIOXHOCTb
BblYMCNeHNs ByneBbix OYHKUMI pacnpefenéHHbIMn cxemaMu. TemMm He MeHee, NMpu HEeKOTOPbIX 3HaYeHWsX napa-
METPOB CXEM U peanu3yeMbiX MU CUCTEM (PYHKLMIN MOXHO MOKa3aTb, YTO CIOXHOCTb BblYMCrieHMsA cxemamu 6e3
obmeHoB (0-pacnpeaeneHHbIMM CXeMaMm) MoYTU BCex cucTeM ByneBbix PyHKLUMI acUMNTOTMYECKM cOBNagaeT Cco
CMOXHOCTbIO BbIYMCIIEHUS 3TON e cucTeMbl ByneBbix YHKUUIA pacnpegenéHHbIMU CXemMmamMmn € fobbiM YMcnoM
pa3peLléHHbIX OOMEHOB.

E.A.Oxonvrhuwnuxosa. O pacnpeneaéHubix cxemax // JIUCKpETHBIN aHamu3 U uccien. oneparmid, 2011. T. 18, Ne 6. C. 71-81.

28. Nony4yeHa HWXHAA oueHKa uucna 6eHT-pyHKUMUIA, yCTaHOBMEHa TecHasi CBSi3b 3aayu O yucrne GeHT-
(hyHKLMI c npobnemon eKoMno3numm 6yneBbix (pyHKLMA B CYMMY ABYX 6€HT-PYHKLUMA.

(C.u.c., k.¢0.-m.H H.H.Tokapega)

OOHUM M3 OCHOBHbIX OTKPbITbIX BOMPOCOB B 0OMacTtM MakCUMasibHO HENWHENHbIX OyneBbix (YHKUMA (OEeHT-
dYHKLMIN) siBNsieTca BONpoc 06 nx konuyectse. TOYHOE YMCIO BEHT-YHKLMI N3BECTHO TONBKO A4S Manoro yucna
nepemeHHbIX N (N<10). MpegnoxeH noaxon K MNOMYYEHUIO aCUMMNTOTUKM Yncna BceX BeHT-YHKLMIA, OCHOBaHHbI
Ha aHanu3e UTepaTUBHbIX KOHCTPYKUUA BeHT-yHKUMA. MMokazaHa TecHasi CBA3b 3adaudn O yYncne GeHT-yHKLUA ¢
npobnemon gekomnosmuum Oynesbix PYHKUMIA B CymMMYy OBYX GeHT-pyHKUui. [lonyyeHa HWXKHAS oueHKa yucna
nTepaTmBHbIX BEHT-OYHKLNIA, KOTOpasa NpeanonaraeTcs aCUMNTOTUYECKN TOYHOMN.

Tokareva N. On the number of bent functions from iterative constructions: lower bounds and hypotheses // Advances in Math-
ematics of Communications (AMC). 2011. V. 5, N 4. P. 609-621.

Tokareva N. Lower bounds on the number of bent functions // Proc. of Central European Conference on Cryptography, 2011
(Debrecen, Hungary, June 29-July 5). P. 60-61.

Toxapesa H.H. I'unote3sl o uncie 0ent-QpyHkmi // [puknaanas quckperHas maremaruka, 2011, npunoxenne N 4, C. 21-23.

29. [oka3aHo, 4YTo ecnu Bce (n-2)- u (n-1)-mepHble peTpaKkTbl h-apHOW KBa3uUrpynnbl nopsigka p pasgenu-
Mbl, TO U1 cama KBasurpynna siBnsietca pasgenumon. Ecnu yucno p siBnsietcs npocTbiM, TO ANA pasgenu-
MOCTU n-apHOW KBa3urpynnbl 4OCTaTOYHO pa3aenMmMocTy Bcex eé (n-1)-MepHbIX peTpaKkToB.

(Cu.c., k.¢.-m.uH. I.C.KpoToB, c.H.C., k.¢p.-M.H. B.H.IToTamos)
O6paTmas no kakgomy M3 N CBOMX apryMeHTOB (DYHKLMA Ha3biBAETCA N-apHOW KBa3Wrpynnon. n-ApHasa KBasur-

pynna Ha3blBaeTCcA pa3p,en|/|M0|7|, €CIin OHa npepacrtaBndaeTca B Buae 6eCI'IOBTOpHOI7I cynepno3vuun Keasurpynn
MEHbLUEN apHOCTU (pa3MepHOCTI/I), rae nop4aaokK nepeMeHHbIxX B cynepnosvumnm He 00s13aH coBnagatb C UCXOAHbLIM



nopsioKOM apryMeHToB kBasurpynnbl. [NoadyHKUMst n-apHOM KBa3Urpynnbl, NoslydeHHast oukcaumen ogHou wnm
HECKONMbKMUX MEPEMEHHbIX, SIBMAETCA KBasUrpynnol MeHbLUE apHOCTM U Ha3blBaeTCsi PETPaKTOM UCXOOHOWM n-
apHon kBasurpynnbl. [lokasaHo, 4To ecnu Bce (n-2)- 1 (N-1)-MepHble peTpakTbl N-apHOW KBa3Mrpynnbl nopsgka p
pasgenvMbl, TO U cama KBasurpynna siBnsieTcs pasgenumon. Ecnn uicno p siBnsieTcs NnpocTbiM, TO ANa pasaenu-
MOCTM N-apHON JOCTaTOYHO pasdenuMmocTy Beex eé (n-1)-MepHbIX peTpakToB. B yacTHOCTM, oTctoda crnepyerT, YTo
ntobas n-apHas kBasurpynna nopsiaka 5 unu 7 asnsietca pasgenumoint (npu n>3), ecnu Bce e€ GMHapHble peTpak-
Tbl M30TOMHbI rPynne.

Krotov D.S., Potapov V.N. On connection between reducibility on an n-ary quasigroup and that of its retracts // Discrete Math.
2011.V.311, N 1. P.58--66.

30. doka3saHa npeanucaHHasa auMKnuMyeckasa 5-packpaliMBaeMOCTb MIOCKUX rpadoB, He cogepawmx 4-
LUKNOB.

(3aB.maboparopwueii, a.¢.-m.H. O.B.bopoaun coemectHo ¢ A.O.UBanosoit (HUU matemaruku CBDYVY))

BopoawnH (1979) gokasan runotesy proHOayma 0 TOM, YTO KaXabI MNOCKMA rpad aumMKiMyYeckn S-packpalinBaem.
dort (1994) noctpovna nNnockuin rpad, KOTOPbIN He SIBRSieTCS NpeanucaHHo 4-packpallmMBaeMblM, YTO KOHTpacTu-
pyeT ¢ ussecTHou Teopemoin o 4 kpackax (Annenb un XakeH, 1976). TomacceH (1994) gokasan, 4to 5 LBETOB ANA
npeanMcaHHOW packpacku nnockmnx rpadosB goctatovHo. OueHka 5 B 060ux cnyvasix Heyny4liaema.

BopoauH u pgp. (2002) Bbickasanu rvnoTesy, YTO KaxAabli NMockui rpad nNpeannucaHHoO auuknuyeckn 5-
packpawmBaeM W gokasanu, 4To 7 LBETOB AO0CTaTo4HO. B natm 3apybexHbix pabotax oHa noaTBepxAaeHa Ans
cneayroLmnx Knaccos niockux rpagos: 6e3 3- u 4-uuknos, 6e3 4- n 5-unknos, 6e3 4- n 6-uunknos, 6e3 4-UUKNoB U
XOpAarnbHbIX 6-UMknoB, 6e3 4-UMKINoB 1 3-LUMKITOB Ha pacCTOsHUM MeHee 3 Opyr OT gpyra, a Takke 6e3 4-L1KrnoB u
nepecekatLmxcs 3-LMKrnoB. Takke 3a pydexxom Obino goka3aHo, YTO nrockue rpadbl 6e3 4-LMKoB npegnncaHHo
auuknmMyeckn 6-packpawmBaembl. [lony4yeHO COBMECTHOE YCUIEHWE 3TWX LWecTu paboT, chopMynupoBaHHOE B
Ha3BaHWK.

O.B.bopooun, A.O.Usanosa, AlMkindeckas NpeAnucaHHas S-pacKpalinBaeMoCTh IIOCKUX rpador 0e3 4-nukios, Cub. Ma-
TeM. xypHai, Tom 52, Ne 3 (2011) 522-541.

31. MpeanoxeH 3cpheKTUBHLIN NPUGNMKEHHbLIN anNropuTM AN 3aga4m o ABYX KOMMUBOSKEpPaX Ha MaKCH-
MYM, UMEIOLUMI HaUNyuLlyIo Ha CEerogHSAILUHUIN AeHb rapaHTUPOBaHHYIO OLIEHKY TOYHOCTM.

(C.u.c., k.¢.-M.H. A.H.T'me6oB, actmpanT /I.)K.3ambanaca)

PaccmaTtpuBaeTcsa 3agadya o OBYX KOMMMBOSIKEpPAX Ha MaKCUMyM, siBrisiloLiasica obobLleHnemM Krnaccu4yeckon 3a-
[a4yn KOMMMBOSKEPA U COCTOSLLAsA B OTbICKaHUN OBYX PEOEPHO HEMepeceKarLMXCA raMUITbTOHOBBIX LIMKIOB Mak-
CMManbHOro CyMMapHOro Beca B MOMHOM B3BeLLEeHHOM rpade. M3BecTHO, YTO AaHHas 3agada NP-tpygHa gaxe B
cny4yae BecoB pé€bep 1 1 2. [Anga pelueHna aTon 3agadv NpeacTaBneH NPUONMKeEHHbIN anropuTtM, UMeoLWnin Kyo u-
YECKYH BPEMEHHYIO CMOXHOCTb M rapaHTUPOBAHHYIO OLLEHKY TOMHOCTM 7/9, 4TO yny4yllaeT paHee nonyyYyeHHyto Are-
eBblM, BabypuHbiM 1 M'vmagmn oueHky 3/4. [ins cnydas, korga Beca pébep rpada NnpMHUMaloT 3HavYeHnss U3 3agaH-
Horo npomexyTka [1,q], paspaboTtaHa mogudukaumsa anroputma, nMmeroLas oLeHky ToyHoctu (7q+3)/(9q+1), koTo-
pas ABNseTcs Haunydlwen Ha CeroqHAWHUN OeHb.

Ineboe A.H., 3ambanaesa /[.7K. [lommHOMHUAIBHBIIN alTOPUTM C OIICHKON TOYHOCTH 7/9 IUIs 3a1a4M O TBYX KOMMHUBOSDKEPAX Ha
MaKCUMyM, [IMCKpeTHBII aHAIN3 U HCcieoBaHue onepanuid. --- 2011, --- T. 18, Ne 4. C. 17--48.

Inebos A.H., 3ambanaesa J.)K. DPPEKTHBHBIA aNrOPUTM C OLIEHKOW TOYHOCTH 7/9 mis 3aiavd O IBYX KOMMHUBOSDKEPAX Ha
MakcumyM // MHpopMarinoHHBIH Or0JUTeTeHh ACCONMAIH MaTeMaTH4eckoro nporpammuposanus Ne 12. XTIV Beepoccuiickas
KoH(pepeHnus "MaTemMaTudeckoe nporpaMmupoBanne u npuioxkeHus” (ExkarepunOypr, 28 despans -- 4 mapra 2011). Exare-
puaOypr: YpO PAH, 2011. C. 168.

32. NMocTpoeH HOBbIN NONIMHOMUANbHbIA TOYHbIN anNropuUTM peLleHUs AUCKPETHOM 3KCTpemMarnbHOM 3a4a4um,
K KOTOPOM CBOAMTCS OfHA U3 aKTyalbHbIX NPO6GsieM NOMeXoycTOM4YMBOro pacrno3HaBaHUsi BEKTOPHOMW Mo-
cnepoBaTeslbHOCTU Kak 06beKTa, BKHYaKLWero NoBTOPSALWMNCA ynopsAoYeHHbIN Habop BEKTOPOB eB-
KNnuaoBa NpPoCTpaHCTBa.

(T'n.H.c., 1.¢.-M.H. A.B.KenbmaHoB, c.H.C., K.¢.-M.H. J.B.Muxaiinosa, c.H.c., k.¢.-M.H. C.A.XaMuIy/InH)

K uncny akTyanbHbiX nNpobrnem aHanuaa faHHbIX OTHOCMTCA pacro3HaBaHWe nocnenoBaTenlbHOCTU (YMCIIOBOW,
BEKTOPHOW, CMMBOJIbHOI) Kak 06beKTa, BKITHOYaIOLLEro NOBTOPSIOLLMIACS YNopsAoYeHHbI Habop anemeHToB. OauH
13 BapuaHTOB 3TOW NPo6GremMbl COCTOUT B MOMEXOYCTOMYMBOM pacrno3HaBaHWM BEKTOPHOWN nocrieqoBaTerlbHOCTM
KaK CTPYKTYpbl, coaepalliei MoBTOPSOLWMIACS YNopsaoYeHHbI BEKTOPHbLIA HaGop M3 3aaaHHoro cemeicTea (cro-
Baps) HaGopoB BEKTOPOB €BKNMAOBa npocTpaHcTea. lNpeanonaraercs, YTo B OTCYTCTBME MOMEXU 3MEMEHThI Mo-
BTOPSAIOLLErocs BEKTOPHOro HaGopa B MNOCMNeOoBaTeNbHOCTU KBa3WUMepuoOMYEecKkn MNepemMexaroTcst C Hyfb-
BEKTOpaMu. TEPMUH «KBA3UNEPUOAMYECKM» O3HAYaET, YTO Pa3HOCTb Mexay HoMepamu MocneayoLero U npeabl-
[YLIEero HeHyrnesbIX BEKTOPOB B MOCMNEeA0BaTENbLHOCTM OrpaHMYeHa CBEpXY W CHMU3Y HEKOTOPbIMU KOHCTaHTamu. B



cnyyae, Korga B Ka4yecTBe NoMexu paccMaTpuBaeTCs rayccoBckasi nocrneoBaTenlbHOCTb HE3aBUCUMbIX OAMHAKOBO
pacnpefenéHHbIX CryYyalHbIX BENMYUH, MPUHATME peLLeHVs O MocregoBaTeNlbHOCTU MO KPUTEPUID MakcuMyma
npasgonogobusi CBOAMTCSA K NPOBEPKE COBOKYMHOCTWM MPOCTbIX rmnoTe3. OgHako, MOLIHOCTb 3TOW COBOKYMHOCTU
pacTET 3KCMOHEHUMAanbHO € yBEenMYeHneM AJiMHbl nocrnegoBaTensHocTu. Moatomy npocTorn nepebop runortes Tpe-
OyeT aKcnoHeHUManbHOro BpemeHn. PaHee aBTopamu GbINO YCTAHOBMEHO, YTO 3agadva NpUHATMSA pelleHus (pac-
No3HaBaHWsi) CBOONTCS K peLleHnto cneumdmnyeckon AMCKPETHON aKCTpeMarnbHOW 3a4a4qum, koTtopasa paspelumma 3a
nonvHomunaneHoe BpeMs. Jlydlwmnin 3 NpeanoXeHHbIX paHee anroputMmoB mmeeT Tpyaoémkoctb O(N”), roe N —
pasmepHOCTb (AnuHa) nocnegoBatenbHOCTU. ABTOpamMu 0O60CHOBaH HOBbLIN MeHee TPYAOEMKMI NOMMHOMUANbHbIN
TOYHbIN anropuTM, KOTopbi achdekTuBHee nssectHoro B N/L pas, rae L — makcnmansHas pasMepHOCTb BEKTOPHO-
ro Habopa B cnoBape. YMeHbLUEHME BPEMEHU PELUEHNs akTyanbHO AN psaa pacnpoCTPaHEHHbLIX MPUMOXKEHWHN,
CBSA3aHHbIX C KOMMbIOTEPHOM 06PabOTKOM MACCMBOB AaHHbIX BOMbLWINX N CBEPXOONbLUMX pa3MepPHOCTEN, B KOTOPbIX
L cpaBHumo ¢ LogN.
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33. MpepnoxeHa HoBasi Mepa cxoAcTBa Mexay oobekTamu (PYHKUMA KOHKYPEHTHOro CXOACTBa), KoTopas
nosBonseT yHupumumpoBatb anropuMTMmbl pelleHusi 3agay pacrno3HaBaHUA OoOpa3oB M MPOrHO3npPoBaHUA,
Aenaet UX MHBapuaHTHbIMU K BUAy 3aKOHOB pacnpepeneHnsas U K COOTHOLWEHUK Mexay KonudectBamMu
06HLEKTOB U NPU3HAKOB.

(T'n.u.c., n.¢.-m.H. H.I'.3aropyiiko, H.c., K.¢.-m.H. M. A.Bopucoga, c.H.c., k.¢.-Mm.H. O.A KyTtHenko, B.B./lro6aHoB)

MpegnoxeHa HoBas Mepa cxofdcTBa Mexay obbekTamu, KoTopas UMUTUPYET YenoBeveckuin cnocob oueHkn Cxon-
cTBa 1 pasnuunga. OHa y4uTbIBaeT He TOMbKO PACCTOSHUSA MeXAy AaHHOW Mapow 06BLEKTOB, HO U PacCTOSHUSA A0
Apyrmnx 6nmxanmx o6 bEKTOB-KOHKYPEHTOB. OTa Mepa CyLLEeCTBEHHO MEHSIET XapakTep anroputMoB aHanv3sa gas-
HbiX. Ha eé ocHoBe CTpoATCs (PyHKUMOHAnbI, KOTOPbIE UCMOMb3YIOTCH B KAYECTBE 3BPUCTUYECKNX KpUTEpMEB AN
KONMMYEeCTBEHHOWN OLEHKN KOMMNAKTHOCTM 0Opa30oB M OTbICKaHWMS Hauny4ylwnx pelleHnin B Takmx 3agadax, Kak Bblbop
MHOPMATMBHbBIX NMPU3HAKOB, MOCTPOEHWE PeLLatoLLIMX NPaBuM, KNacTepHbI aHanus u nx coyetaHuin. Metogbl UH-
BapuaHTHbI K BUAY 3aKOHOB pacnpeeneHnin 1 COOTHOLLEHWNIO MeXay KONMYecTBOM 06BbEKTOB M npu3Hakos. Pa3pa-
6oTaHbl NONMHOMMarbHbIE anropMTMbl HAaNPaBfIEHHOrO MOWCKa, BbiCOKast 3(eKTUBHOCTb KOTOPbLIX NOATBEpXAa-
€TCsl NPU peLLeHn NMpakTUYecknx 3agay aHanmsa gaHHbIX U3 obrnactn MeguumHbl, FreHeTUKKN, CEeKTPOMEeTpUK 1 ap.
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34. MNMpepnoxeHbl 1 060CHOBaHbI NOJIMHOMMUaNbHbIE aNiFTOPUTMbI PeLUeHUs KBaapaTU4YHOW 3afaym o Ha3Ha-
YeHUsIX B TeopeTuko-rpachoBoN NOCTaHOBKE Ha APEBOBUAHbLIX CETAX C MUHUMAKCHBIM U MUHUCYMMHbIM
KpUTEpMSAAMU ANA CTPYKTYpPbl CBA3EN B BUAE Lenu, pa3paboTtaH U 3KCnepumMeHTanbHO uccnenoBaH napan-
nenbHbIA anNropuTM AMHAMUYECKOTro NPOorpaMMnpoBaHus ANs obLen CTPYKTYpPbl CBA3EN.

(A.0.-m.H. I'.T".3a0yackuit, acnupant A.1O.Jlar3aun (OOUM CO PAH))



[na kBagpaTUYHOWM 3a4a4n O HasHaAYeHUSIX, UrpatoLLEel BaXKHYIO POflb B TEOPUM U MPUMOXKEHUSX AUCKPETHON ONTU-
MM3aLMW, HaldeHbl HOBblE MONMMHOMMANBbHO paspelunmMble criydyan. B yacTHocTu npeanoxeHsl n 060CHOBaHbI ar-
rOpPUTMbI NONTMHOMMANBHON TPYAOEMKOCTM AN MOCTAaHOBKU YKa3aHHOW 3a4adv Ha OpeBOBUAHbIX CETSAX MpW YCro-
BUW UCMOMb30BaHNSI MUHMMAKCHOTO M MUHWUCYMMHOTO KPUTEPUEB CO CTPYKTYPOW CBS3el Mexady BepluMHamu B BU-
ae uenei. [ina ceTeli Gonee o6Luel CTPYKTYpbl pa3paboTaH anroputM AMHAMUYECKOTo NPOrpamMMUpPOBaHUs C Npu-
MEHEeHWeM napasnsiefbHbIX BblYUCIIEHNIA.
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35. NMokasaHo, 4TO aHanuTU4yeckas aMmnnutyaa mm-paccedAHusd, yduTbiBawwada orpaHu4veHus KMpaﬂbHOﬁ
AWHaAMUKHN, COOTBETCTBYeT ‘-IETpréXKBapKOBOﬁ npupoge NErknx CKanApHbIX ME30HOB.

(3aB.maboparopueii, 1.¢.-m.u. H.H.Auacos, c.H.c., kK.¢p.-mM.H. A.B.Kucenés)

B paboTte moctpoeHa amnnuTyda TITT-paccesHus, obnagawowas npaBuibHbIMU aHaANUTUYECKUMKU CBOWCTBaMM B
LUMPOKON 0BNacTu 3Heprumn, Kpome TOro, y4TeHbl KuparnbHoe akpaHupoBaHue a(600) Me30Ha 1 ero cMellumMBaHue ¢
f5(980). MNony4yeHHas amnnuMTyga MCNoMb3yeTca ANA COBMECTHOIO OMMCaHUSA SKCMEPUMEHTarbHbIX AaHHbIX MO pe-
akuMsM TITT — I, i1 — KK 1 @ — 11°1r’y, a Takke pe3ynbTaToB, NOMyYeHHbIX Ha OCHOBE KMParibHOTO pasnoxe-
HWUS 1 ypaBHeHUn Pos. Pe3ynbTaTbl XOPOLLO COrNacyloTCca C YeTbIpEXKBAPKOBOW NPMPOAON NErKNX CKanspHbIX Me-
30HOB. OTMeYaeTcs, YTO ypaBHeHus Pos ABRASOTCA NPUBNMKEHHBIMKU 1, TakuM 06pa3om, He MoryT BbiTb OCHOBOM
ONs 04eHb TOYHOro pacyéra nontoca c(600).
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